[Tapatnpovpe 6TL To TSl OV €XEL TO (PAKEAO pe Tov aplOpo 20 Sev pmopel va
eMAeyel, a@ov ekatépwbev auToV 0TOV KUKAO €xel MASLA HE HKPOTEPOUS
aplOpovG. ZUVETWS TO HEYLOTO TO dBpolopHa TwV aplBpwy Tov eiyav Ta 7 Tadia
OV EMAEXONKAV €lval TO TTOAY

19+18+17+16+ 15+ 14+ 13 =112.
Emopévwg dev vmapyel kKapd Sdtagn tTwv maldlwv woTe To dBpolopa Twv
aplBpwv mov eiyav ta 7 moudid mov emAEYONKav va eivar 113.

I TYMNAZIOY
p6fAnpa 1. Alvetal n aplBunTikn TapaoTaon
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Na ek@pacete TNV TIU TG TApAcTAo S A ws SUvaun pe Bdon to 2.
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[IpoBAnua 2. Aivetar o e§adm@log Betikds aképawog A = 2023xy, Omov
X,y Ymola tov Sekadikol cuoTpaTos apiBunong.
Na mpoodiopioete Tao Ymela x,y €toL wote o aplBuog A va Salpeitat pe tov
apduo 17.
Avon
‘Exovpe:

A =2023xy = 202300+ 10x +y = 17-11900 + 10x + y,

omoTE Yl va Statpeitat o aptBpog A pe to 17 apkel o apbuogxy = 10x + y va
Stapettat pe 1o 17, SnAadn apkeixy = 10x + y € {17,34,51, 68, 85}.
Apa oL AVoelg eivat ta {evyn:

(x,y) €{(1,7),(3,4),(51),(6,8),(8,5)}.

[p6fAnpa 3. Atvovtat 7 Betikol axépatol apbuol yia Toug omoiovg yvwpilovpe
OTL Yla 0TIolovadNToTE 4 amd autols, To YIVOUEVO Toug Statpeital pe to 10. Na
amodeiete 6OTLLVTTAPXEL £vag aplBuog (amo Toug apxtkolg 7) Tov Slalpeltat Le To
10.
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Avon. [Tapatnpovpe 6TL Sev umopel va vtapyxovv 4 epirtol aplOpol, ylati tote
t0 10 Sev Ba Statpovoe To yvopevo toug. Emopévmwg ot tepittot aplbpol eivat to
oAV TPELS. Apa oL ApTLoL Elval TovAdyLoToV Téooepels. Opoiwg, Sev va vtapxouvv
4 aplBpol Tov va pnv Statpovvtal pe To 5, ylati TOTE To YIVOUEVO TOUG SV
Statpeltat pe to 10. Zuvemws uTtapxovv To oAU 3 aplBpoi Tou Sev Slatpovvtal
He To 5, dpa Ta ToAAaMAGoLx TOL 4 lval TovAdyiotov 4. TeAkd e@ooov
VTIAPXOLV 7 aplBpol, vTTApPYEL KATIOLOG TTOV Elval TTOAAQTIAAGLO KL TOV 2 KOl TOU
5, apa toAAamAdaaoio tov 10.

[Ip6fANHa 4.

B 3_Oz E
4
1o mapamavw oynua to tetpamievpo ABI'A elvat opBoywvio pe AB = a,BI' =

2a. OvevBeieg AE kat I'Z eivat mapaAAnAeg kat BE = %a. Noa amodeigete otTL:
(a) AE=AZ.
(B) H Staxywviog BA tou opBoywviov ABI'A tepvdet amo to O Tov elvat To onpeio

TOUNG TwV gvbvypappwy Tunpatwyv Al kat ZE.
(y) Al = 2-EZ
Inueiwon: 2o pullo amavtijoewy va kKAVETE To SLkO oas CYjua.
Avon
(o) Eneiony ABI'A opBoydvio émetan 611 BT || AA, ontdte Oa eivon ko ET || AZ.
Eniong, and v vrdBeon €yovpe 611 AE || I'Z. Etopévog 1o tetpdmievpo AETZ givan
TOPAAANAOYPOULLLLO.
Amo v vtdbeomn Eyovpe:

3a  Sa

[ = 2¢q — — =22 1
T T (1)

Emiong, and 1o [MuBaydpeto Bedpnua oto tpiywvo ABE mpokimret:
9a? 25a? S5a
AE? = /AB? + BE?2 =\/a2 +—=J T = AE = (2)

Ao g oyéoeig (1) ko (2) cvpmepaivovpe 6ti: AE = ET, omote 10 moparAnrioypopipo
AEI'Z &ye1 800 d1ao0ykég mAevpég ioeg kan dpa etvar popfog.

(B) To opBoymvio ABT'A kot 1o mapaiinridypappo AET'Z €xovv kown ) dwoywvio AT
Emopévmg n dAAN dtorydviog ekdotov amd avtd Oa mepvdetl amd to péco g Al
(y) A6 to [TuBaydpeto Bedpnua oto Tpiywvo ABI €yovpue:
AT? = VABZ + BI'2 = Va2 + 4a? = V522 = AT = av/5. 3)
INa 1o epPado tov pouPov Eyovpe:




Ao 11g oyéoelg (3) xou (4) Exovue: A= 2 - EZ
A" AYKEIOY

[Ip6fAnua 1. Ocwpolpe Toug U PNdevikos TPaypatikols aplOpols a, b, ¢ €tol
woTe oLaplOpol %,% Kal 2 va elvatl aképatol. Na BpeBovv 6Aeg oL SUVATEG TIUES

NG TAPACTACTG

1 1 1
(a+b+c)(—+—+—>.
a b c
Avon
[Tapatnpovpe 6TL oL aképatot aplBpol %, % Ko 2 €XOLV YLVOUEVO
a b c _q
b ¢ a

Tuvenwg, eite koL oL Tpels Ba eivat (ool pe 1 eite évag €€ avtwv Ba loovTat pe 1
Kal ot dAAot 6vo pe —1.

(1og tpdMOG) TNV TPWTN TEPITITWOT TAPVOVPE @ = b = ¢, OTIOTE
1 1 1 3
(a+b+c)(—+—+—) =3a-—=09.
a b c a
Ytn Sevtepn meEPIMTWON, AOYW KUKAIKNG CUHUETPLAG, g UTTOOECOVE XWPIG
BAAPN TG YeviKOTNTAG OTL
a b ¢

1 1
—=1 -—-=—-=-1=a=b=-c=b+c=0=-4+-=0,
b ¢ a b c

1 1 1 1
(a+b+c)(—+—+—)=a-—=1.
a b c a

(206 tpdMOC) IoxveL 6Tt

1 1 1 a b c

(a+b+c)(E+E+E> = (1+Z)<1+2)(1 +E)+ 1
, ,a b c ’ ; /
Etoy, av katouvtpeg apibuoi -, - kau = eiva ioot pe 1, ToTeN Tt TG
Tapaotaong elvationpue2 -2 -2+ 1 =9, evw av évag € avtwv loovtal pe 1 kot
ot dAAot Vo pe —1, Tdte N TLUN TG Tapaotaong eivat ionpue 0+ 1 = 1.
TUVETIWG, oL SuVATES TIHESG TG TTapaotaons (a + b + ¢) G + % + %) elvat to 9 kat
To 1.

[p6fAnpa 2. Na tpooSioploete TOUG TTPAYUATIKOUG ApLOPOVS X, Y, HEY #* —2,
WOTE VA LOYVOLV Ol OXECELG:

5 4
x2—4x+m=2 Kol 3(x—2)2—m=—1.
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