Ta Oepata mpoépyoviar kat aviAnbnkav amo tnv
matopua G Tpanefag Oeudtwv  AwPabuiopévng
Avokohiag mov  avamtvxOnke (MIS5070818-Tpdmela
Oepdtwv  AaPaOuiopévng  Avokoliag  yia
AevtepoPdOuia Exmaidevon, Tevikd Avkelo-EITAA) kal
elvat dadikTvakd o010 OKTVAKO TOTO Tov IvoTtitovTOUL
Exnawdevtikng IloAtikng (LE.IL) otn Oevbuvon (http://
iep.edu.gr/el/trapeza-thematon-arxiki-selida)



OEMA 4
Zto mopokaTw oxnuo Sivetoal n éAAeuwbn C pe kévipo 1o O(0,0), eotieg Ta onpeia
E,E’ ko kopudeg 1o onpeior A(5,0),A(-50),B.B". Av elval yvwotd oOTL 10
tetpamicvpo BEB'E’ eivol tetpdywvo, va Bpeite:
o) TIG OUVTETOYHEVEG Twy onpeiwy B, B E.E".
(Movabec 8)
B) tnv eélowaon tne¢ éAdeubneg C.
(Movabec 7)
v) Eotw M tuyaio onpeio tng C, mou Bev TAUTIZETAL e KOTOWO omo Tl A A",
i. va omodeifete oTL oAa o Tpiywvo EME” €xouv tnv 161a mepiUeTpo tnv onoio
va poadLloploeTe.
(Movabec 5)
ii. va Bpeite TIc ouvteTaypeveg Tov M yia TIC omoleg To ePRASOV TOL TPLYWVOU
EME" maipvel Tn HEYLOTN TLLA TOU, TNV OTIOLO KoL voL TIpooSloplosTe.

(Movabec 5)




AYZH

o) Eotw otL E(%,0),E(—7,0) xow B(O, ),B(0,— ), 6nov =0, =0.

Adou to tetpanisvpo BEB'E’ sival tetpdywvo, Ba €xel loeg Saywvioug, Sniadn
OB=0OE ko dpa =y . Ivwpiloupe eniong étL o = #° + 7, ondte adod a=5

850
Kal f=y €Xoupe OTL 52=ﬁ2+ﬁ2®25:2ﬁ2®ﬁ2:2_25®ﬁ:i.

NI
SUVETLWG E(%,O),E '(—%, 0),B(0, %), B ’(0,_%) i

B) H éxAeupn €xeL kévipo 1o O(0,0) kaw €otieg otov dfova xx’ omnote Ba €xeL

2 2

; ; X ; ; ; 5 ;
etlowan tng Hopdnig —2+y—=1. Exoupe Opwe OoTL ax=5 Kol ﬁ:ﬁ, OTOTE N
24

/82
) ) ) e yz e 2y2
TOULIEVN ECLOWON ELWVOL —+—:1<:>—+—:1
IntoLuevn €€ n n AL s,
2

y) Ao Tov oplopo Tng eAAeldng yvwpifoupe otL yio K&Be onpeio M tng C eival
(ME)+ (ME ") =2 =10.
i. H mepipetpog tou Tpywvou EME™ v kaBe onueio M tng C mou Bev
TOUTIZETOL HE Kamolo amo ta A, A’ elval lon pe
10
ﬁ.

ii.To tpiywvo EME’" yio kaBe onpeio M tneg C mou Sev TauTilETOL HE KOTIOLO

(ME)+(ME")+(EE") =10+

. g G 1o s ~ 10 ; : ‘
ond o A, AT €xel otaBepn Baon ty (EE ):ﬁ KoL TTOUPVEL TN HEVIOTN TLHA

Tou, OTav To Log amd Tnv Kopudn M mapeL Tn pEYLOTN TR TOu. AUTO
cupBoivel povo oOtav To onupelo M towTwotEl pE  €val €K TWVY

5 5 5
B(0,—=),B(0,——=), 6mou n péyLotn TR Tou Uhoug elval —= KoL N HEYLOTN
V2 2 N7)

10 5 25

o2 2

| —

S

TN ToL epBodol Tou Tpywvou EME’ sival ovtiotoo



OEMA 2
2 2
Alvovtal ol eMhelpeig Cr: x? + 4y2 =4, Cy: f—é + yT = 1 KoL oL ypotdLKEC TOUC MOPACTACELS

OTO TOPOKATW o) Lo

LN
S

o) Na Bpeite ta pikn Twy afdvwy Kol TIC £oTieg Twv Suo eAhslipewy.

(Movdadeg 14)
B) Amé to oynjpa dalvetol 6TL oL dlo eAheleLg éxouv TNV Bla ekkevipdTnTa. No amodeiteste
OTLaUTO slval aAndec.

(Movdadeg 11)



AYZH
a) H eglowon e éAheubng C pe gotlec ta onueia E'(—y, 0), E(y, 0), uikoc peydrou dfova

2a KoL LRKog pkpol GEova 23, elvat

e T B e

= +,82 1, orou f oz —vy
H e€lowon tng EAewpng Cp: x2 + 4y? = 4 yivetal Lcoéﬁvauag + y?% = 1. EivaL Aoutdv:

>0 g>0 >0
a2:4a(:)a:2,,82 = L B Lagulse 4—}/2(:)}/2:3}(’:)}/:\/5.
Emopévwe, elval:
2a =4, 28 =2,E'(—/3,0), E(/3,0).

; x| y? g ;
Mo tnv eAdeuwpn G, : = + . 1 elvaL avtictowa:

=0 =0 =0
a? =16 a =4,p? :4’(3:)5 —2ka2 =16~y o y2 =125y = 243 .
Emopévwe, eival:
2a =8, 28 = 4,E'(=243,0), E(2V3,0).

L r 1 1 ! 1 £ 1 I Y
B) Alio eAAsipelc TV EYouV TNV LOLO EKKEVTPOTNTIO £ AEYOVTOL OLOLEG, OTIOL £ = =

H éAAeupn C; &XeL EKKevIpOTNTO £ = 5
Z

H éAAewpn C; EXEL EKKEVTPOTNTA &, = —=

=
&

Emopévwe, o loyuplopoc eival aAndnic.



OEMA 4
Eotw K(x,y) petaPAntd onpelo tou enumédou ywr 10 omolo  woyvel
(KE)+(KE ) =10, omou E(3,0) koL E'(-3,0).
o) Na Bpeite 1o eldog tne kapmiing C mdvw otnv onola Kwveltal to onpeio K kot
va ypdete TN g€locwon e, ATLOAOYWVTOC TNV AMAVTN N GOC.
(Movddecg 6)
2 2
Fotw oot =1 ka (£):3x+5y=25.
25 16
B) Na amodeitete otL C kot (&) &ouv éva povo kowd onpelo M kal va Bpelte Tic
oUVTETOYpPEVEC Tou onpelou M.
(Movddeg 7)
v) Na gppnvetiosts ypadlkd TO CUUTEPACHO TOL EpWTHHATOC B) KoL Vo oXeBIACETE
oto 16lo opBokavovikd clotnpa tnv EAAswpn C kaltnv subseia ¢.
(Movddec 6)
5) Nat oyedidoete T Suyotdpo tne ywvlae EME” kot va Ppeite tnv eflowor te .

(Movddecg 6)



AYZH
o) To &Bpolopa Twv omooTaoe wv Tou onueiov K omé ta onpueia E(3,0) ko

E'(-3,0) eivat ioo pe 10. Eniong (EE ) =6 <10, Suvenwe to K kweital otnv éAAeudn
C pMe eotiec ta onueia E ko E° ko otoBepd aBpolopo 2o =10.Eivow

200=10=> =5 kaw y=3 ondte ['=a’—9y*=25-9=16 ko dpa F=4.H

2
: ; Xy
gefiowon g C evoun —+=—=1.
25 16
x2 y2 B
B) Apkel va Beioupe 6TL To cOOTNHA < 25 16  EXEL HovaSikh Avon. Amé tn 2n
3x+5y=25

X . . .
KOl JE avTIKOTaoTaon atnv 1n eficwon €xoupe

[25—3sz
5
+—— .o

eélowon €XoUpE OTL y =

L

25 16

X 625-150x+9x°

= =] <
25 2516

16x° +625-150x+9x% = 400 <
25x* —150x+225=0<

X —6x+9=0&

(% 3) s
x=3
, 25-3.3 16 . , . ,
Mo x=3 elval y= ?: < Tiou onuaivel ot C kot (€) €xouv évo HOVO KOO

onueio MQ3, %) )

v) To otLn euBeio £ kow n éAdewpn C €xouv €va LOvVo Kowo onpeio, to M, ypad ik
onpaivel OtL n guBeia & edamterortne EMewpne C otoonueio M,

H éMewbn C €xeL kopudég ta onueia A(S5,0), A(—5,0),B(0,4), B(0,—4) ko
baivetal oTo mopaKkATw oXAU, OMws Kol N eborttopevn TN (&), IO €KTOG oMo TO

M 8iepxetaL koL omé to (0,5).



5

VI(3,16/5)

8) Ao tnv awvokAaoTKA WBLoTNTO TG EAAELDNG ywwpiloupe OTL n Sixotouog (§) Tng

ywviog EN/IE', elval n k&Betn Tng edonTopeEVns oto onpeio M, omwg ¢paivetol ko

OTO TLOPOITAY W OXNA KoL ZUVEN WS avoldNTOULE TNV KABeTn otny (&) mou SlEpyetal omd

3
1o onuelo M. H euBeic () €xel ovvteAeotry SlevBuvong ﬁgz—g, onote odoL

3 5
(&) L(g), elvan ﬁg-ﬁdz—1<:>—g-15:—l<:>ﬁd 25. TeAlkd n INToUpeVn SLXOTOOC

. . 16 5
(0) exerLebiowon (0): y—yy =4 (x—x,) < y—?:;(x—?a) .



OEMA 4

H tpoxld tng Me yuipw and tov HAo sival pla éAAsupn pe pla sotia tov HAlo. H sAdylotn
OTACTACN TOU KEVTpoU TN Mg amd to kévtpo tou HAwu sival PH = 147,5 skatoppipla
Km kown péylotn AH = 152,5 skatoppipla Km. 2to oxfipoa Oswpolipe 6tL ta onpelo H Kol
I eival ta kevpa tou HAlou Kal tng Mg avtictowo. Qswpolips opOoywvio cUoTna afdvwy

ne apxn To Léco tou HE kal x'x tov peydho dova tng éAdeubne, evw o dovac v’y elval n

pecokddetoc tou HE.

a) Na amodeifete (PA) = 300 eskoaropplpia Km, (HE) = 5 skatopptpr Km KoL 6tTL N
EKKEVIPOTNTO TNC EAAsLPNG slvale = %.
(Movddecg 10)

B) MNa pa tuyaior 8gon tne Mng mévw otnv sAASUTTIKN TpoXLd, va urtoAoyloete tnv neplpetpo
Tou Tpwywvou HIE.

(Movddeg 8)
v) Av ovopdooupe t't tnv edantopévn euleia tne éAheupne oto I, va anodeifete étL oL
ywviee t'FH kol tTE etval losc.

(Movddeg 7)



AYZH
a) And v ekdwvnon npokimntel dt (PH) = 147,5 ko (PE) = 152,5 ekatopplpla Km.

P

7 = 1 pe % = a? — y? kaLyvwpllovps

2
AAAG, n etlowon tne eAdswpnc slval otn popdn % +

OW(PH)=a—vy,evw (PE) =a +v.

NpocBetovtog kot pein nalpvoupe 2a = (PA) = 300 skatoppipla Km, evw adolpwvtog
KOt peAn maipvoupe 2y = (HE) = 5 ekatoppupla Km.

B) Amd Tov oplopd e EAAsLPnG, KdBs onpelo tne éxeL otabepd GOpoLGPa AMOCTAGEWY OO
11§ eotieq oo pe 2a, SnAadn (I'H) + (I'E) = 2a = 300.

AMAG (HE) = 2y = 5.Qote n neplpetpog tou petaBintow tpiywvou I'HE elval otabepr kol
lon pe 305 skatopplpla Km.

y) Zipdwva e v avokAXoTIK WBdtnta tng eAAswpng, n kadetn subsia A otnv t't oto

onpelo I' Suyotopel tnv ywvia HTE, dpa éyoupe HIA = ATE = &.
Qote t'TH = tFE = 90° — w.

tf




OEMA 2

2 2

x
Atvetaln éMeubn (c) pe eflowon ?-FL:]..

16
a) No Sikatoroynoete OtL =4, B=2 KoL ¥ =23.
(Movddec 08)
B) Na Bpelts to PRk Twv afdvwy KALTLE £oTieg TNS EAAsLne (c) ;
(Movddec 08)
v) Na oyedidoets Tnv éAAewdn (c) koL tov KBkAo x>+ y° =16 oto idlo clotnpa atdvwv.

(Movddec 09)



AYZH

2 2

X
a) H elowon g eAewbng (¢) eivat g popdrig —+L2: 1.
o

ﬁE
Etoleival a’ =16 © a=4 kalL fF =4 f=2.
Akdpn elval B=qfo’ -y’ © 2= -V c4=16-V Sy =12 r=24/3.
B) Mot tar PAKN TV afdvwy EXOULE:
- pAKoc peydiou GEova loo pe 2 =2-4=8,

- pAKOC pKpol déovaloope 25=2-2=4,
Ot eotieg elvow ta onpela E'(0,—7), E(0,7), dnhadn ta E'(O,—Z\E),E(O,ZJE).

v) O kikAog x* + y> =16 éxel kévTpo TNV apxn Twv afdvwv Kal aktive lon pe V16 =4,

(0,4)

(—4,0) (2.0) (4,0)




OEMA 2
H éMewbn C €xeL eotieg ta onpeior E(3,0),E(—3,0) ko Si€pxetal and 10 onpeio
12
M(4,—).
( 5)

o) No omoBSeiéete 6TL TO P KO ToU peyohou afova sivor 10,
(Movabec 10)
B) Not Bpeite tnv eéiowon tng C.

(Movabec 8)
, , . , 12
v) No Bpelte tnv eicwaon tng epomtopevne tng € oto onueio Tng M(4,?) ,

(Movabec 7)
Alvetan 6TL /1369 =37



AYZH

o) H éMeunpn C €xeL eotieg ta onueia E(3,0),E(-3,0) ondte €xeL eicwon tng

2 2

Hopdnc —2+E:1 Kol ¥=3. And tov oplops tng €AAeubng yvwpiloupe ot
o

(ME)+(ME ") = 2 .Eivau

(ME)+(ME") = \/(4 3) +(——0) +‘l(4 +3) +(——0) =

\/1+144 J49 144 J169 \,1369 :@:10
25 5

suvenwe 2a=10=a=>5.

B) Amo tn oxéon o’ = 57 + ¥ €xoupe otL

as0 2 2
5= p'+3" < B =16 B =4. Tehikd n {ntovpevn gicwon eivan %+{—6:
12 v
i 12, . ; 4-x 5 4.x 4y
H edbantopevn oto M{d,—) exeLelicwon —+ =l ——+ 2=
v) H edosttopevn (5)x£ NN g TRET




OEMA 2
H éAhewbn C €xeL eotieg ta onueia E(4,0),E(—4,0) kot peydro dfova 10. No
Bpeite:
o) tnv eélowon tng C.

(Movabec 10)
B) tnv ekkevtpotnTa tng C.

(Movabec 7)
, ’ Fl 9
v) Tnv e€icwan tng ebantopevne tne C oTo onUELD TG M(4,§) ;

(Movabec 8)



AYZH

o) H édAeunpn C €xeL eotieg ta onpeioe E(4,0),E(—4,0) ondte €xeL eficwon g
x2 y2
Hopdnc —2+E:1 kor v =4. Abou €xeL peydro dfovo 10 CUMMEPQIVOULE OTL
o
200 =10 ¢ =5. Ano tn oxéon o = ° + ¥° €XoUE OTL
820 xz yz
5= +4 = B =9 B=3. Tehd n {ntolpevn efiowon eivawn EJFE: 1.

B) H skkevtpotnTO elval & =

Q=
|

9
4x 57 :
H edbamtopevn oto M4 gxeL eflowon ——+ =]~ Ny
v)Hed HEevn ()x£n259 B " s



OEMA 4

Evoig KOTOOKELQOTAC UIALAPSwyY BEAEL VO KATOOKE VXOEL VOl EAAEITITIKO PmALGpSo
OMWE QUTO TOU TOPOKATW oxnHorog (oxnua 1). To mepilypoppa Tou pmipdou
givaL éAkeupn pe eotieg Ta onpeia E(3,0) kow E'(—3,0). H povadiki tpOna T0U
LA LG pSoUL EXEL XN KUKAOU (0 HOUpOog KUKAOG OTO OXAHA 1) LE KEVIPO TO ONUELD
E’. Mo va oxebL0eL 0 KATOOKEVOOTAS TO TLEP IYPOUHO TOU UIALGPS0oU Meve O Lia
£0AVN eninedn eniddvelo, tonobBetnoe ota onpueia E kol E° 800 kopdla oro onoio
£5£0€ TIC AKPEC VoG axowlol pAkoug 10 povadwy HAKOUC. TN CUVEXELD HE £vO
HOAURL Sxtnpolos To OXoWl TEVIWHEVO, WOTE QUTO, KATA TNV Kivnon tou, va
Soypapel EAdeupn C onwe dailvetal oto mopakatw (oxn o 2).
o) Not Bpelte ToL KN TOL HEYOAOU KoL TOU HLKpoUL aéova tng eAdsupng C.

(Movabec 10)
B) Noypabete tnv eflowaon tne éAAeupng C kol va BpeLTe TNV EKKEVIPOTNTA TNC.

(Movabec 5)

v) Evog maiktng tomoBetel o qompn pnoda (0 aompog KUKAOC OTo oxApo 1)
okplBwe oto onpeio E. Skomevel vor XTUMAOEL TNV QOTipn MMAAo wote adol outh
TPOOKPOUCEL PWTO OTO EAAEUTTIKG MEPIYPOLHA TOU UIALAPS0oU, OTN CUVEXELD VO
NECEL OTNV TpUMa. Av BEWPNOOUUE OTL 0 MOUKING Ba XTUTMNOEL PE o0n SUVON
omouteitol yio vor PTACEL N UMAAQ oTnY TPUTO KoL TOo XTUTINMO Ba €lval OTo KEVTIpO
NG MMOAOC WOTE QUTA VoL KUAQ Xwplc va eplotpedeTal, vo Ppeite o oo onpeio
g €AAelbng C mpeEnel vo onUabBEPEL, WOTE HE £va MOVO XTUTN O N UITOAD VO PTTEL

otnv TpUma:

1) yovo oto AKpO TOL eyl oL dfova

2) HOvVo OTa AKpO TOU ULKpoU afova

3) Hovo oTa AKPO TOU ULKPoUL A&ova KoL OTO €VOL KPO TOU HEYGAOUL Géova

4) o€ onoldNNote onpeio tng C €KTOC QMo TO £Vl BKPO TOU HeydAou dfova
EnA€éte Tn povadikn CwOTH OIMOVTHCELC QUTLOAOYWVTOL TNV OITAVINGN COOg.

(Movabec 10)



3 [Vl SXAHO 2




AYZH
o) To HAKOC TOL oXowLol ekPpalel To ABPOLOUN TWY CITOCTAOE WY TUXOLOUL GnuEiou
g eAAsLPNG oo TG £0TIEC. SUVENWE TO ABPOoLOU QUTO sivol 10 povabec HURKoUC,

TIOL €Vl KOL TO MRKOG Tou peyahou dfova. Eival 2a=10<=a =5 kaL ¥y =3, onodte

ﬁ:chz — =57 —3 =16 = 4. Suvendc To WRKOC TOU ikpol dfova eival 8

HovaBec PAKoUC.

2 2
B) H €éMeun exeL eotieg otov dfova ax koL n eflowon tng sival E+{_6 =1

H ekkevTpOTNTA TNC Elval & =

Q™=
| 1w

y) Amo Tnv avakAaotikn WBotnta tng AAsUPNS yvwpilovpe otL : H kaBetn otnv
edbomropevn o eAeLPNe oto onueio emadng M Sixotopel Tn ywvia E'ME , émou
E.E’ oLeotieg tng EAAeLPnC (Onwe daiveTol OTO TOpaKATW oY),

M
(]

VAN

SOpPwv e TNV LBLOTNTO QUTH €vVO. NXNTIKO KOMO [ Ml GWIEWR OKTva TIoU
fekwvoly oo T pio oTia pag EAAELPNG, OVOKAWLEVO O QUTHY, SLEPXOVIOL OO TNV
OAAN eotio. Tuvenwe os omolodnmote onpeio tng C kol ov onpadeel Bo TETUXEL
TO OTOXO TOU, EKTOC OO TO £VO OKPO TOU Heydiou afova, adol TOTE N pmaia Bo
MEGEL OTNY TPUTO XWPILC Vo XTUTLNOEL TIp WTQ OTO MEPYpO A TOU pmALdpSou.

Twotn amavtnon n 4).




OEMA 2

2 2

Atvetaln eéddewpn C pe eéicwon E+y—:1.

25
o) Not Bpelte Tic €oTiec TG,
(Movabeg 8)
B) Na oxeblaoete tnv éMewbn C o opBoKavovLke GUCTNLO CUVIETQYUEVWVY.
(Movabec 8)
v) No oxeblaoete oto i5lo opBokavoviko cUOTNUA TIC EQATTOUEVES OTIC KOPUPEC TNC

C koL va ypauete TIg €£Ll0WOELS TOUG.

(Movabec 9)



AYZH

a) Eivar a* =25 kot f7=9 ondte =’ =25-9=16 «aL dpa y=4. O1
IntoUpeveg eotieg eivaltaonueia E(0,4) kow E(0,—4).

B) H éMAeuwbn C €xeL kopudeg ta onueia A(0,5), A(0,-5),B(3,0), B'(-3,0) ko
dailveTol OTO TOPOKATW OXA M.

v) OL sbomtopevec ota dkpo Ttwv Svo ofovwv tng, Sniadn ota  onueio
A(0,5), A(0,-5),B(3,0),B"(-3,0) €youv eflowcel y=5,y=-5,x=3,x=-3
Kol daivovTol OTo TTOpOKATW OXN M.

[+




OEMA 2

Alvovtal oL eAdelelg Cl:% + %2 = 1 kot Cz:% + % =k
a) Na anodeiéete 1 ta onpela A(2,2) koL B(—2,2) avikouv kaL otig Sto eMdeldels.
(Movddec 10)
B) Na amodelfets otL n elowon tng edamropevng &, tng éAAsupng €, oto onpelo A kaL n
etlowon tng epanropévng &5 tng EAAsubng G, oto onpelo B elval avtictowya
x+2yv—6=0«koL —2x+y—-6=0.
(Movddec 10)

y) Na anodeltete d1L oL edantopéved &4, £ elval kdBetec. (Movédecg 5)




AYZH
o) OLouvtetaypéveg tou onpeiov A smaAnBelouy Ti¢ slowosle Twv dlo sAdsipewy ados
22224421 22224412

— =1 Kol
12612633 61261233

To onuelo B elval cuppetpkd Tou onpelo A we npog tov dfova y'y, emopévwg Ba avijkel

otig dvo eAAelelg, adol kol To onpeio A avrikeL otig Slo eAheleLe.

B) H epamtopevn g, TNG eMewbng €, oto onpelo A gxeL eglowon:

§+Q:1<:>x Q—l®x+2y 6 x+2y—-6=0.
12 6 6 6

H edpantopevn &, Tng éAdewpng €, oto onpelo B exeL edlowon:

—_2x+Q:1<:>—_2x+__1<:> 2x+y=6-2x+y—6=0.
6 12 oh .6

1
v) O ocuvieAsotic Sletbuvong tng shanmtopevng £ sival Alz—a KaL 0 OCUVTEAECTHC
SletOuvong tng epamropevng g, elvan A, =2.

OL eQaMTOUEVEC £, £, gival kdBeteg, yiati A4, =——-2=-1.

b | —



OEMA 2
H £AAewbn Tou mapokaTw oxNpatog exeL eotieg ta onpeta E'(—2,0) kot E(2,0) ko prikog
peydhou dova (A'A) = 8.

XZ yz
o) Na amodeitete d1L n EAAsuhn £xeL eticwon = + P 1. (Movdideg 12)
B) Ectw £ kot P ta onpela tg eAheupng mou exouv tny (S teTunpevn pe tnv eotia E(2,0).
Enilong to Z &xeL OsTikn TeTaypévn KaLTo P apvntikh teTaypévn.

i. Noamodeiete 611 2(2,3) katw P(2,-3). (Movdbec 8)
ii. No Bpeite To priKkoc Tou TpApatog 2P . (Movdadec 5)

L

e




AYZH

a) OLeotieg Tng eAhewpng elvalta onpela E'(—2, 0) kow E(2,0),

dpa2y =(E'E)=44y=2.

To prikog tou peydiou dfova elval (A'A) = 8,

dpa2a=(A'A)=81 a=4.

Emopévwe f2 = a? —y2 = 4% — 22 =12,

Ereldn oL eotieg Bplokovral otov dfova x'x, n éAkewbn éxel eflowon tne popdnc

XZ yz XZ 2

= + E = 1, ondte e QVTLKOTACTAC TPOKUTTEL e + P 1.
XZ yz
B) i) Amd tnv etlowon tng eAdswdng 7 + i 1,ywx =xg =2 PBplokoupe:

22 yz
stz 1
1 2
1. ¥ _4
4 12
3+y%2=12
¥ =9

y=3ny=-3
Erteldr) to I &xeL Otk tetaypévn katto P apvntiki, Oa eival 2(2, 3) kat P(2,-3 ).
i) Elvaw (ZP) = |yp — vzl =1=-3 —-3| =|-6| =6.



OEMA 2
H éAAsubn Tou mopakdTw oxrpatog £xeL kopudéc ta onpela A'(—5,0), A(5,0), B'(0,—4)
koaw B(0,4).
o) Na amodeitete otL
i, Ta phkn twy afdvwy tng EAkeupne sivar (A'A) = 10 ko (B'B) =8.  (Movadec 10)
ii. Oveotiegtng EAAewpng eivarta onpeia E'(—3, 0) kat E(3,0). (Movadec 10)
B) Eotw M éva onpelo te eMeubne. Na anodeitete 6t (ME') + (ME) = 10. (Movddeg 5)

M

Y

B

\ia




AYZH

a) i) Elvat (A'A) = x4 — X4 =[5+ 5| =10kt (B'B) = |yg — ygl = 14+ 4| =8,
dpa o peydioc dovac éxeL pikog (A’A) = 10 ko o Lkpd¢ dfovac £xeL urikog (B'B) = 8.
i) Elvat (A'A) =2a 4 2a=10 4 a=75

kat (BB)=28nA 28=84B=4.

Emopévwe

o? = B2 + y2

52 = 42 + y?

y* =9

y=3.

Apa ol gotieg tng eAAeubne elvarta onpela E'(—3, 0) kaw E(3,0).

B) Eme1dn to M elval onpelo tng éAheupne, cUpdwva [le Tov oplopd Tng sAdswpng Ba sival
(ME) + (ME) = 2a  (ME’) + (ME) = 10.



OEMA 4

2 ¥

Alvetaln eAeswpn pe ggiocwon = + yz= 1(1).

o) Na mpoodloplosTs SIKOLOAOYWVTOC TNV OTAVTNOT GOC TIC CUVTETAYUEVES :
i. Twvonueiwv moun éAheupn TépveLToug dEoveg X X KaLY'y.
ii. Twv eotwwv E kol E tng éAAsupng.
(Movddeg 12)
B) Na Bpeite tic efowoelc Twv subswwv mou diEpyovtal and to onpeio A(0, 4) kol

£hAMTOVTOL OTH KAPTTUAN TTou eplypddeL n eEicwon (1). (Movddec 13)



AYZH

xz 2
a) H eflowon (1) elvar tng popdnic o oF - 1, émou %= 9 kaL B2 = 4.

B?
i. o va Bpolipe ta onpela Topng Tne sAAsupne authg pe Tov dfova x'x Détoups

2
otnv etlowon (1) y=0. EtoL exoupe % =1 fx?=9, ondte x=3 f x= -3, Ta onpeia

Topnc e Tov dEova x'x sival ta onpeia K(3,0) kal K’'(-3,0).

Avtiotowa, yo va Bpolpe ta onpela topic e EAAsupne autic pe tov déova vy

2
Oétoupe otnv eticwon (1) x=0. EtoL éxoupe y? =1 fjy?= 4, ondte y =2 fj y=-2.

Ta onpeio topng pe tov dfova vy sival ta onpeia B(0,2) kat B'(0,-2).
ii. H etlowon (1) maplotdvel éAdswpn pe gotlec otov déova x'x. Omdte oL sotieg
youv cuvtetaypévee E(y, 0) , kal E’(-y, 0), drmou y = \/m= V5 . Apa ol
eotiec T E, kaL B’ &youv cuvtetaypévee E(W5, 0) kat E(-v5, 0).
B

—d

To onpeio A(D, 4) eival s&wtepkd onpelo Tng AAswpng, adou sival onpeio otov dfova
V'Y KOL N EAAsupn mou pog 8d8nke TépveL Tov dfova Yy ota onpeia B(O, 2) koL B'(0,-2).

Qeswpolipe M(x1, y1) To onpelo smadnc. H sgicwon tne epantdpevne oto onpeio M Ba

glval Tng poporc &: % + % =1 4xx1+9 yy1= 36 . H eubsia £ dLépyetal and to



onpelo A0, 4), omdte oL suvteTaypévec Tou onpelov A smainBeliouv tnv flcwon tng
sulslog €. loyBeldnAadi 40 x +9-4yi=36 © y1 =1 (2).
ErumAgov to onpelo M(x1, v1) elval onpeio tne éAkeupnce, omdte kavomolel Tnv

2 2
X1 Vi

gtiowon(1). Apa LG)(C}EL? + - 1 (3), ko Adyw e (2) n oxéon (3) pog dlvel

2 2 2
X1 1 X1 3 33, 33
—_— — = — e i | — = e —
5 2 1 5 ” X > n X1 >
3 v 3 1 1 ! 1 !
Mo x = — KOLAOYW TNE (2) Exoupe yi= 1, exoupe tnv sdamtopevn € pe eElowon
£ 43V§x+9 y=36 © 2V3x+3y=12

2
3’\{? ’ 2 2 I I ! s
Mot 1= - —— amo T oxeon (2) exoupe yi= 1, ondte n epantopevn € éxeL eElcwon
g 4(— %)mg y=36 © -2J3x+3y=12.

Apa oL Slo edantdpevec Tne EAdeupne mou digpyovraL amnd to onpeio A0, 4) elvat ol ey :

23 x+3y=12 kaLez:-2v3 x+3y =12,



OEMA 2
2 y?

Alvetaln etlowon % + e 1(1).

o) Na ypdete oto TeETpddLd GO CUPMANPWIEVH TNV TOPOKATW TpdTaon :

«Ta onpela tou smmedou mou smoaAnfesliovy tnv eélowon (1) Bplokoviol cs pla

KOLPTIUAN TTOU OVOPGTETOL woovvvvisrienn. OL E0TlEC TNG E KoL E' , £XOUV GUVTETOYEVEC
E(...., o) KOL E'{eunr, ) . To prkog tou peydiou dfova eival (oo pe ... Kol N
EKKEVTPOTNTA TNG slval lon P .

(Movddec 15)
B) Na Bpeite tnv siicwon tng subelog £ n omola sddmrerol oTny KAUMUBAn mou

nieplypddeLn etiocwon (1), oto onpeio tng B{0,-2). (Movdadec 10)



AYZH

2 2
H etiowon (1) eivaLtng popdnc % + % =1, dmou a?=9 kaLf? = 4. H popdr autic

¢ etlowonc naplotdvel ta onpela tou emmédou mou Bplokovtal cs éAheln pe gotisc

otov dfova x'x. OL eotieg exouv ouvistaypevee E(y, 0) , koL E’{-y, 0), dmou

Y
ot

5
y=+Ja?— 2 =+/5.H ekkevtipdtnta Tng EARewpng elvar e = — = g
To pikog tou peydiou déova tne sAhsupne eival ioo pe 2a= 23 =6
o) «Ta onpelo tou emumedou mou smaAnBeliouvyv tnv eéiowon (1) Bplokovtal o pla

KOpmUAn mou ovopdletal EAAeuwpn. OL sotieg tng E KoL B, €Youv  GUVTETOYLEVEC

E(v/5, 0) kot E'{-V'5, 0) . To pAKoc Tou peydhou dfova elvalioo e 6 KaL n ekkevTpdTa

; ; 5
¢ elvation pe — ».

3
B)

B = (0, -2)

- |

H edpamtdpevn subela og onpelo pe suvtetaypevec (X1, vi) TncEA e ne eivattne popdnc

XX, VW ; ; ; ;
£: - +== =14 0+ 9 yy1L = 36. AlvetaLto onpelo enadng B(O,-2), ondte av
Osoovps otnv stiowon tng =ubslag & dmou x1 =0 koL y1 = -2 Ba &youps

£:4x0+49y(-2)=36n0¢e: -18y=361¢e:y=-2.



OEMA 2

Alvovtow n mapaporn v2 = 2px kat n EAAewdn a—22+—z=1.
o) Av n mapafoln digpyetal amd to onpeio A(1,2), va Ppelte:
i. Tnveticwon tne noapapoirc. (Movdadeg 10)
ii. Tnveotla E tng mopaBoAnc. (Movdadec 05)
B) Na Ppebel n etiowon tne eAAsubng pe kévipo to O, av n o gotia e elval to onpelo
E(1,0) kot o peydioc dEovoc tne £xeL phkog oo pe 4.
(Movdbdec 10)



AYZH

i. HmopaPohr v? = 2px SLépyetal and 1o A(1,2), omtdTe oL GUVTETAY EVEC Tou onpelou A
snainBsliovv tnv Eliowon tng, dSnAadn:
22=2pl 4 4=2p h p=2
Emopévwe, y2 =2 - 2x 1 y2=4x.

ii. Heotia E tne mapaoirc sivat:

E@,O) Y E(1,0)

B) Mia amd tic eotieg tng éAAswpbne sival to onpeio E(y,0) kol o peydioc dfovac exeL PiKog
2. Adou n eotia eival to onpelo E(1,0), &xoupe dtiy = 1.
Emeldn o peydiroc déovoc éxel prikoc loo pe 4 éxoupe 6tL 20 =4, omdte a = 2.
ElvaL:
Bl=a?—-y?=22-12=4-1=3

Ondte, n eticwon Tng EAsupng yivetal:

2 2 2 2
X v X Y
22+3 4+3



OEMA 2
Alvetaln éAheun (C) pe etiocwon

2 2

X Y

2t W

o) Na Bpeite TI¢ suvteTaypévec Twy sotiwy E kal E’.

(Movadeg 10)
B) Na arodeifete dtiLto onueio B(0,9) eival onpeio tne éAiswbnc.

(Movddeg 05)
v) Na Bpeite tnv eflowon tne epantopévne éhieung oto onpeio tng B(0,9).

(Movddeg 10)



AYZH

a) H #Ahewbn pe eélowon tnv (1) éxeL o = 225, B2 = 81 kat otiec ta onpela E(y,0),

E'(-y,0). ElvaL:
Y =al—P2=225-381=144
Apa, vy = 12. Enopévwe, oL gotieg Tng EAAswdng sivac

E(12,0), E'(-12,0)

B) Etetdloups ov ol cuvteTaypévee tou onpelou B smainBeliovy tnv gficwon tne

A swpne MNax = O kaLy = 9 slval:
0? 92
5 + P
225 81

H teAsutala wotnta sival aAndric, omdte to onpelo B eival onpelo tng EAAswpng .

1

v) H gticwon e epamropevng tng EAAswng oto onpeio tng Bix.,y1) sival:

X Wy
225 81
Adol Sivetar étL B(0,9), n {ntobpevn eglowon Do elval:
Ox 9y
—4+—=1 f y=9
225 81 \

H kapmuAn tng eAdswdng, ol eotieg E, E' tng KaL n epantopévn (&) anskovilovtal oto

okdAouBo oyfipa:
12 Y




OEMA 2

2 2
2e KapTeoLovo enimedo Oxy dlvetal n AAsupn - + 31}—6 = 1. Na Bpelre:

o) Tic ouvtetaypévec Twv eoTiwV E kal E' tng eAdsung kol tnv andotach Touc.

(Movddeg 09)
B) To koG Tou PiKpol dEova KOLTo PhKog Tou peydhou dfova Tng EAAsunc.

(Movddec 08)
y) Tnv gglowon tng edamtopevng (g) Tng eAdeupng oto onpeio tng B(0,4).

(Movddec 08)



AYZH

2 2

o) H etlowon tng eAAswpng slvat tng popdric o + ;—2 =Tlpea=>5kaf =4
Ermopévwg £xel eotieg tng popdric E(y, ) kal E'(—y,0), pey > 0, énov § = Ja? —y? i
‘82:6['2—}/2 ﬁ },zzaz_ ‘82.
AvtikaBlotwvtaca = Skalf = 4 éxoupey? =52 —42 ¥y =25—-16 A ¥y =9 Qv =
3, eddoovy > 0.
Apa ol gotleg tng AAewbng elvat oL E(3,0) koL E'(—3,0).
H andotaon Twy eoctwwv elval 2y = 2+ 3 = 6.
B) O pkpoc dEovac Tng EAAeupng gxeL pikog 28 =2 -4 = 8.
O peydhog dtovag tne EAAswpng exsLpikog 2a = 2+ 5 = 10.
j : ; ; Y. Wi ;
v) Arto tn Qewpla n ehoamtopevn (e) tne eAAsupne tng popdnic -z ol F = 1 oto onpelo Ing

; XXy | Y2
(x1,¥1) elvn—= =+ 5—2

AVTLKOOLOTWYTAC OTIOL X KOLL Y TLG CUVTETAYLEVES ToU onpelou B Tng EAAsLbng Kal omou

= 1.

a =5 Kalff = 4 eyoupe:

Ox 4y ; i ; ;
2 g 1 y =4, nou eivaLn eélowon tng (g).
Y
B
E E
x i ) X
Y




OEMA 2

Alvetar n e€lowon tng EAhewpng C: 16x° + 25y = 400.

o) Na Bpeite ta piikn BB’, AA’ Tou PKpo U KoL Tov peydiou dfova tneg EAAsupng, Kadwe
KoL Tic eotiegc tng E Ko E'. (Movddeg 12)

B) Av E’(-3,0) koL E(3,0), va ypdpete tnv sgicwon tne mapafolnc mou £xeL eotia 10
onpelo E” kot dlevBetolica tnv subslor mou diEpyetal amd to E kal sival moapdAinin

otov atova y'y. (Movddec 13)



AYZH

x2 y2
a) Elvar: C: 16x° + 25y° =400 | C: — +=— = 1, ontdte:

25 16
a’ =25 a=>5,dpa (AA) =20 =2'5= 10 eivol To uiKoc Tou peydiou dEova.
Eniong p% =16 © B =4, dpa (B'B) = 2B = 2-4 = 8 elval To HAKOC TOU pikpol dfova.
Akopun:y?=a%-pB%=25-16=9, ondte y = 3.
Apa E'(-y,0) kat E(y,0) i E’(-3,0) kat E(3,0) elvat ol eotieg tng EAAsLpnC.

B) Exoupe E’(-3,0) kaL E(3,0).
@shoupe n E va gival eotia tne Intolipevng nopaBoAic, o’tpa% =-3 © p=-6, dpa

C:y?=2px A C:y*=2-(-6)x N C:y?=-12x, elvow n Intolpevn eklcwon.
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