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YYNAPTHXEIX

MONOTONIA-AKPOTATA-XYMMETPIEX XYNAPTHXHX
(16 aoxnoelg)
14971.Atvovton Ta onpeio ToV EMTESOV A(l, 1),B(3,3) . 4

a) Na artioloynoete moteg and TG eMOUEVEG 1010TNTES Ba pmopovoe Kot
moteg o€ Ba umopovce va £yl pio cuvdptnon f, mov opiletar oe dGhovg
TOVG TTPOYLLATIKOVG aptOLOVG KOl TNG OTOI0G 1) YPOUPIKT TOPACTACN _ 1oL A
oEpyeton amd Ta A kot B.

i) etvan otaBepn| cuvdptnon

ii) elvan yvnoliwg pbivovsa cuvdptnon

B) Na counAnpadcete TV TOPAKAT® YPAPIKT) TOPAGTACT] H0g
ocvvdaptnong f, n onoia diépyeton amd ta A,B ko givon meprrty.
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14976.Atvovtot Ta SITAOVG GYNUOTOL:

a) No a1TloA0YNGETE TTOLEG A0 TIG YPOUPLKES 3
nopactdoelc Ci ,Co ,Cs3,Cq avamapiotodv ApTieg N
TEPLTTEG GLVOPTNOELS, TOLEG OYL KoL YaTi. Atvertan Ot 1
TOVAQYLETOV pia etvon ApTIo Kol TOLAGYIGTOV pia ivort :
TEPUTTY. -1 -
B) ['a 11 cvvaptoeig C2 ,Cs va Ppeite v TeTOypévn A
tov onueiov Toug B(—2, k ) , auttoroymvtog v T mov
Bprikate amd v WOt cvppetpiog Kobepiog 3 A=(2,2)
oLVapTNOTG. 1
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15019.Atveton pio cuvéptnon fywa v omoia woyvel 6Tt
f(-1)=2«xou f(1)=0. Na artroroynoete (adyefpuca 1 ypapikd)
a) ywti | cuvaptnon f dev etvon dptiar .

B) ywati n cvvaptnon f dev etvan mepirt).

v) ywti n cvvéptnon fdev elvan yvneimg avéovasa.

15024.H ypoewn mapdotacn pog cuvaptnong f pe nedio

)
7
0p1G0D TO :
[ -4, 4] potveTon 6T0 TOPAKATO GYNLLO. .
a) No aitiohoynoete yrori 1 cvvaptnon eival dptia. 3
2
1

B) No Bpeite ta dtactipato povotoviag g f .
v) Na Bpeite v eddyiotn Ty g f kabdg kot yio Toleg Tipég O 0 O
TOV X TIC TOPOVGLALEL. - —1 !

15112.X10 duthavo oyfua SIVETOL 1) YPAQIKY] TUPAGTOCT LING ;
ovvapmong f pe nedio opiopod 1o drdompa (—2,2). :
a) Na e€etdoete av 1 f elvar dptior 1) TEPLTTN KOL VAL OLTIOAOYNOETE TNV
amdvInom cog.

B) No ypawyete ta dStacthpata ota onoia 1 fetvar yvnoing avéovoa. B 2 o e
v) Na Bpeite ™ péyiom kot v eddyiotn Tun g f kabog kot tig -
0£0€1g TOV 0KPOTUTOV AVTOV.
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15114.Aiveton pia svvéptnon f yvnoiog avéovoa
ot0 R pe ovvoro Tynodv to R g omolag n
YPOUPIKT TAPACTOCT SIEPYETOL OO TO ONUELD
A(1,2).

a) Oa propovoe N Ypaeikn tapdotacn g f va
dEpyetan Ko amd to onueio B(2,9); Na
OLTIOAOYNGETE TNV ATAVTIOT GOG.

B) Mow amd T1g SUTAAVES YPOUPIKES TOPACTAGELS
Ba umopovce va gival 1) YPAQIKN TopAGTIoN

¢ f; Na attiohoynoete v amdvinon coc.

1. ii. 1il.

1ii.
15115.Atveton g svvéptnon fyvnoiog edivovoa
oto R pe cvvoro tipev to R ¢ omoiag
YPOPIKN TAPAGTACT) OIEPYETAL OO TO CTUELD
A(-1,3).

a) Oa umopovce 1 Ypoeikn Tapactacn g fva
dépyetan Ko amd to onueio B(2,5); Na
OITIOAOYNGETE TNV AMAVTNOT GOG.

B) IMow amd T1g TapaKAT® YPAPIKES TopaoTdcels Oo umopovGE va eivar 1 YPAQIKT TOPACTACT)
¢ f; Na atiohoynoete v amdvinon coc.

15116.Xt0 duthavo oyfua divovtol opiopéva TUNLOTO TG
YPOQIKNG TopdoTacng pag dptiag cvvaptnong f pe tedio opiopon
10 ot [—4,4].

a) No LETaQEPETE TO GYNUA GTNV KOO GO KOt VoL XopAEETE TaL
VTOAOUTOL TULLOLTOL TNG YPOPIKNG TtapdoTacng g f .

B) No Bpeite

i. Ta dStnotuaTa ota omoia | cvvaptnon f eivon yvnoimg PEEEEITEER
eBivovoa. ' B B B
No attioAoynceTe TNV amdvInon cog.

ii. ™ péyrot ko v gAdytotn TR g f kabhg kot T BE6EIC TOV AKPOTATOV QVTOV.

15349.Atveton n ypaeikn mapdotacn C, g cvvaptong f pe a :
nedio opiopov 10 R, 61w paiveror oto oynuo. :
a) No aittohoynoete yloti 1 cvvaptnon eivat dptia.

B) Av yvopilete 0T Ta oMpEia A(—«/E,—l) KOl B(«/E,—l)
AVIKOLV TN Ypaeikn Tapdotacn g f va Ppeite Ta TN il :
dwotnuato povotoviag tng cuvaptnong f. i '
¥) No Mboete ypagikd myv e&iowon f(x)=0.

A-V2-1) B(VZ,—1)

15372.X10 duthavo oyfua divetal Eva TUHO TNG YPAPIKNG x=
TOPACTOONG LOG APTIaG GVVAPTNONG LEe Tedio opiopov o R .
o) No HETaQEPETAL TO GYNIO GTNV KOALL GOG KOt VoL
CUUTANPAOCETE TN YPAPIKT] TOPAGTACT) LLE TO KOUUATL TNG

KOUTTOANG TTOVL AEimel. - SEpE ~RES A > YESET 7EEET ]
No attioAoYGETE TNV ATAVINONG GOG. 1 /

B) No Bpeite: o
i. Ta dlwoTpato povotoviag g cvvaptnong f. s B
ii. To €ld0g oL aKpotdToL KAt TN BN TTOL TO TAPOLGLALEL. 352

6
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Op1lovTiIo Kol KOTOKOPOON HETATOTTION

Ofpa 20
(13 aoknoelg)

14972.Alveton n cuvaptnon (p(x) = |X , X € R pe ypagwn

TOPAGTOCT) TOL PaiveTon 6To oyfua. EmmAéov ot cuvaptioelg
g(x)=|x—2 ,XxeR ko f(x)=|x—2|+1, xelR.

a) No TopacTHoETE YPUPIKA GTO 1010 GVGTNIO GUVTETOYUEVOV TIG

ouvaptnoelg g, f kot va eENYNoETE TOG TPOKVTTOVY e e e et
petotomilovtag KaTAAAN A T YPOPIKN TOPAGTOCT) TNG

B) Me ) BonBeia g ypapikng tapdotaong g f, n omoia diveton
TOPOKATO, Vo Ppelte:

i. Ta dwwotpata ota omoia 1 elvar yvnola avéovca kat yviota elivovasa.
ii. To oAkd axpotato g kat T B€on Tov. T idovg akpoTato gival;

14983.Z7t0 dutAavo oyfua Sivetal 1 ypoeikn TapactacTt e
1
cvvaptnong g(x)= 3 x*, x € R ko1 ypo@iki mopdoTaon

¢ ovvdptnong f(x) n omoia mpoxvzTEl OIS pion oplovTIX
petotdmion g g(x) kotd 3 povdodeg mpog ta 0e&id Kot HETA
KoTd pion Lovada Tpog T TAVE.

a) No emAélete v oot andvinon 6Gov apopd Tov TOHTOo

™mg f(x).

(i f(x)=g(x+3)+1 (i) f(x)=g(x+3)-1
(iii) f(x)=g(x—-3)+1 (iv) f(x)=g(x-3)-1
B) Na Bpeite v erdytot Ty g cvvéptnong (X) Kot Vv Béon ehayioTov.

v) Na ypayete ta dtactipato oto onoia n cvvaptnon f (X) gtvan yynoiog advéovoa 1 yvnoiog
@Bivovaoa.

15017.Mia cvvaptnon f pe medio opiopov to ddoTnua (OL,3)
gtvon dptior Ko 1 YpoeiKY| e mopdotacn SiEpyeTaL omd To
onueio (2,2).

B R/ TR S |

a) No Bpeite v Tyun tov o.
B) No Bpeite to £(-2).

v) X710 SuThavo oyfua SIVETAL 1) YPOQIKT TOPAGTACT| LLLOG JdA i e o e ol o) ot
ovvapmong foto didompa [0,3). No oyedidoete ™ ypaguey | | | |

napactootn g f 6to medio opiopov TG,

15018.Mia cuvaptnon f pe medio opiopov To ddoTnua (oc, 6) elvorl TEPITTN KO 1) YPOPIKT) TNG
napaotacn diépyetar amd to onpeio (4,2). R :
a) No Bpeite v Tyun tov a.

B) No Bpeite to £(—4).

v) Z10 Suthavo oo SIVETOL 1) YPOPIKT TOPACTACT| HLOG

_;mmhtjh

cuvaptnong f oto dtotnua [0,6). No oyedidoete T YPOEIKN Ppas 2l 128808 67

napdotaon ¢ f 6to medio opiopov .
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15811.X10 duthavo GOGTNUO GUVTETOYUEVOV SIVETOAL 1 YPOPIKN TOPACTOCT) TG CLVAPTNONG
g(x)zxz—Z, xeR.

@

a) Mg Baon ™ ypoaeikn ¢ TapacTaon, 5
i. vo aitioloynoete yloti n g etvon apTia. 3
ii. va Bpeite to eMdyioto ™G g Kkat ) BEom avToD. 2

o OYEOLOLOETE TNV OPIKN TApAoTOON T X)=X ETOATOTILOVTO
) No oyedid NV Ypagn napéotoon g f ‘ ’ S

KATAAANAQ TNV YPAPIKT| TAPAGTACT] TNG € TOV POIVETOL GTO TOPATAVE 3 -2 & / 2 3 45
OMHOL.

20671.X10 TOpaKAT® YO OIVETOL 1) YPOPIKN TOPACTOCT TNG
ovvépmong f(x)=x"+1 ko n ypa@iky TopaoTact Hog
ocuvapmong g(x) pe xelR.

a) i. Efvou 1 f dptia ) meprrm ovvapmnon; Na artioroynoete tny
amavInon cog.

ii. ' Exyein f péyiom tiun 1 eddyiotn; No aitiohoyncete v
amavInon coc.

B) i. Me mowo petatdmon g YpoPtkng mapdotacng g f
TPOEKLYE 1 YPUPLKY| TOPACTOCT TNGE ;

ii. Na Bpeite tov TOm0O TG GLVAPTNONGE .

12 3 45 8

21673.Z7t0 dimhavo oynpa eaivetal | ypagikn topdotacn C; g
GLUVAPTNONG f(x) =x*, xeR.
a) No Bpeite Tov THm0O TG cLVAPTNONS P(X) TNG OTOLOG 1) YPOPIKT

k3 W s h

nopdotacn tpokvmtel omd v C; av v HeTaToTiGOvpE Hio Lovada, TPOG

T TAV. :
B) No oyxedidoete ) ypapikn mapdotacn e ¢(X) . ) -
v) Me ) BonBeta tov oynpatog, va Ppeite ) povotovia Kot To akpOTUTO

™me @(x).

~N @

32674.Aiveton n cuvapmon f(x)=x"—4x+5, xeR.
) Na deifete 6t n fypagerar ot popen f(x)=(x —2)2 +1.

= N W s O®

B) No avoeépete e TOEC LETOTOTIGELS TNG y(x) =x* TpoKOMTEL N L

YPAPIKY TAPACTOCT TNG Guvaptnong f, Tnv onoia Kot va yapdéete 6To
oVGTN O CVVIETAYUEVOV TTOV AKOAOVOEL. 3 e e

14294. 10 oyfpa dtvovtot ot Ypapikés TapacTAGELS LG TOPUPOANG
f(x)= ox’ +Bx +7y kot g svbsiog g(x)=—x+2.

a) Agdopévov 6tL | TapoaPorn diEpyetal amd Ta onueio A, B, ', va Bpeite
TG TWES TV o, B,y .

1
B) Av o= 5 B=0 kou y=-2, va Bpeite adyePfpikd 11 GUVTETAYUEVES

TOV KOOV onpeiov g evbeiog kat g Tapafoinc.
v) Av petatonicovpe v mapafoin Katd 4,5 Hovadeg TPog Ta TAV®, Vo
dei&ete 011 M gvbeia ko N wapaPoin Ba £xovv éva poévVo Kovd onpeio.
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