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MAGOHMATIKA OMAAAZ NMPOZANATOAIZMOY OETIKQON ZIMOYAQN KAI
MPOXANATOAIZMOY ZMOYAQN OIKONOMIAZ & NAHPO®OPIKHZ
17° AIATONIZMA -OEMATA (Z€ 6An tnv UAn)

OEMA A

1. 'EoTw pla ouvdptnon f oplopévn o€ £va SldoTnpa A Kat Xo £va ECWTEPLIKO oNnpEio Tou
A. Av n f mapouctadel TomKO akpOTATO OTO Xo KAl €ival TApAYwYiolUn 6To onpeio autd,

va amoodeiete ot f'(x,) =0.

Movadeg 8
2. Morte pua ouvaptnon f: A — R Aéyetat cuvaptnon 1-1;

Movddeg 3

3. Note pua cuvdptnon f Aéystal mapaywyiotlpn o€ €va onpeio Xo Tou mEdiou opLoHOU
™me;

Movaddeg 4

4. Na xapaktnpioete Kabe pia amd Tig mapakdtw mPOTACELG HE ZWOoTO, av €ival woTA N
pe AdBog av givat Aaveacpevn.

a) Av n ocuvaptnon f eivat mapaywyion oto R pe f'(0) =0, tote 10 0 €ival B€on
TOTMKOU aKpOTaTou.

B) Av f, g eivat 6Uo cuvaptioelg kat opidovtat ot gof kat fog TOTE UTOXPEWTIKA LOXUEL

fogzgof_

Y) Av lim f(x) =+ j —oo, tote lim[f (X)| =+o0.

X—>Xg

0) ‘Eotw pua ocuvaptnon f, n omoia sivat ocuvexig os éva didotnua A. Av n f sivat yvnoiwg
avgouca oto A, tdte umoxpewTikd f'(X) >0 yia kdbe ecwtepikd onpeio tou A.

B B
£) j f(x) g'(x) dx + j f'(x) g(x) dx =[f(x)-g(x)]. 6mou f, g eivat cuvexeig ouvapticelg

oto [a, B].
Movadeg 10
OEMA B
Aivetai ouvaptnon f, pe f(x) =e* +(x-1)°.
1. Na BpeBei n povotovia tng f kat 1o cUvoOAO TIPHWVY TNG.
Movddeg 5

YeAida 1 amo 3
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2. Na amodeiete, ot n ypagkn mapactaocn C,, g f, tépvel tov afova x'X, o’ €va
akplBwg onpeio.

Movddeg 5

3. Av n ouvdptnon g eivat mapaywyiown kat oxtet g*(X) +2g(x) =5f(x), yia kade
x € R, va amodeiete otL:

i. H g €xeL 7o (00 €idog povotoviag pe Tnvf .
Movddeg 5

ii.  Hypagwni mapactaon C,, tng g, Téuvel Tov agova XX oo idlo onpeio

petnv C; .
Movadeg 5
4. Na Aubei n aviowon g(f(x)) >g(e®).

Movddeg 5

OEMAT

Aivetat cuvdptnon f yua tnv omoia oxUet n oxéon F2(x)+3f(x)—x =0, x e [—2,+oo). Av

yla ke x €[-2,+x) toxvel f(x)>-1, téte:

1. Na amodeiete ot n f gival cuvexng oto [—2,+00).

Movddeg 5
2. Na amodei€ete 6t n f eival mapaywyioyn oto [—2,+oo).

Movadeg 5
3. Na peAetnoste tnv f wg mpog TNV KUPTOTNTA KAl TA ONHEIA KAUTAG.

Movadeg 5

4. Na Bpeite tTnv €iocwon ¢ e@AMTopévng TNG YPAPIKNG mapaoctaong tng f oto onpeio
A(4,1(4)).

Movadeg 5
5. Na amodei€ete 6Tt yla kdbe X € [-2,+0) , 1oxUet 5f(x) <x+1.

Movadeg 5

YeAida 2 amo 3
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OEMA A
Aivetal n cuvaptnon f(x) =e* (x2 —4x+6) Kal n mapaywyioiyn cuvaptnon
g:R—>R, étot dote va toxbouv g(1)+2xg(x)-g(x+1)—(f (x)—6)2 <0 yla Kabe

g(1+2h)-g(1-h) 0.

xeR kat lim
h—0

Na amodeifete oOtl :

1.9'(1)=0

Movadeg 5
2. a) Na Bpeite ©1g acupmtwteg Tng C, ya X ——o.

Movadeg 3
B) Na Bpeite To cUvoAo TIpwv Tng f

Movadeg 3

3. Na Bpeite onpeio A tng C, pe h(x)=/f(x) wote 1o onpeio B(1,0) va améxel
TNV eAaxiotn améotaon amd v C, kat va amodei§ete OtL n epamtopévn tng C,
eival kabetn otnv subsia AB

Movadeg 7

9()
s ’ ’ ’ , ’
4. Av O<a< > Kat J. f(x)dx =0, va amodeifete 6Tl uTApxel TOUAAXIOTOV éva
9(0)

X, €(0,0):9'(Xy) = €¢X, - 9(X,)

Movadeg 7

KAAH EMITYXIA

H exmévnon tou dlaywvicpatog €ytve pe tn BorBeia EBeAovTwy EKTAOEUTIKWY.

O £MOTNPOVIKOG £AsyX0G TTpaypatomolndnke amo toug KwvotavtomouAo Kwvetavtivo Kat
Motodko BaciAclo.

YeAida 3 amo 3



