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MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

TAEH T
Opado IMpocavatoMmopod OeTIKOV ZTOVd®V

® E QPI1IA
“Yuvaptnoss”

1. Tr ovopdletal TPy LaTIKT) GLVAPTNON UE TESIO OPIGHOD TO A
N1 A 11 1

2. ITote dvo cuvaptioelg Aéyovtal 10eG;

N1 A 112 1

4. TIote o ovvaptnon f Aéyetan yvnoiog avéovoa kot mdte yvnoiong pbivovsa 6
éva oot o A Tov eSOV 0PICUOV TNG

...........................................................................................................................................
............................................................................................................
............................................................................................................

............................................................................................................
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MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

5. [Téte o cvvaptnon f ue medio opropod A Aéue 6ti éxetl (oAkod ) uéyloto;
Kol TOTE EAAYIOTO;

N1 A 11 1

7. T1 Aéyeton avtiotpo®n cvvaptnon pog cvvaptnong f;
N1 A 12 1 P

8. Na amodei&ete 6Tt o1 ypagikég mopactacelg C kot C' tov cuvaptioemv f kot

—1 r 4 r 4 r
f " eivar ovppetpikéc oc mpog v gvbeion Y = X mov dryotouei 11¢ ywvieg XOy
ko X'Oy’.
N0 A 112 1

............................................................................................................

...........................................................................................................
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MoaOnpatikd I' Avkeiov H BOcwpia o Epotmoeic pe kevd yia Amovtnoelg

9. Na yopaxtnpicete pe Lmoto | AaOog TIC TUPUKATO TPOTAGELS
I. Av 10 medio optopod ¢ T eivar A ko to medio opiopov g g eivar B toTE TO
nedio optopov ¢ — givonto ANB

Ii. Av f, g elvar dvo cvvaptioelg kat opifovtar ot gof ko fog toTE OLTEG lvon
toec;

Iii. Mo ovvéptnon feivon 1-1 av kot povo av yio kaOe otoryeio Y Tov GuvOLoL
Tinov g 1 e€lowon f(X)=y £xet axptPdc po Avon g mtpog X

IV. Av i cuvaptnon eivar 1-1 to1e ival yvnoiog povotovn

v. Ioyoet FH(f(X))=x xeA

vi. Ioyver f(F1(y))=y ye A

vii. O ypaguikéc mapaotoelg tov f ot F eivon coppetpiicéc g mpog v evbeia
Viii.yA_v -f,x g,h eivar tpeic cuvapmoeig kat opiletorn ho(gof)tote opileton ko m

(hog)of katioydet: ho(gof)=(hog)of

IX. H ypagikn mapdotacn tg cuvdptnong -f sivor coppetpikni og mpog tov a&ova
Y'Yy ™ ypagikng topaotacng g f.

X. H ypagikn mapdotoacn g cvvapmong |f | aroteieiton amd to tpuipato e Cs
7oL Ppickovial wve amd Tov AEova XX Kot 0o To GUUUETPIKA KOG TPOC TOV
GEova X'X , Twv Tunudtov g Cr mov Bpickovial kKGtm amd Tov GEOVO aVToV.

I i. . v. V. Vi. Vil. Viil. IX. X.

http://perikentro.blogspot.gr/ Kdotag KovtooBasiing




MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

TAEH T
Opaoa Ipocavatolopod OeTIKOV ZTOVOQOV

® E QPIA
“"Opro Kol 6VVEYELD GUVAPTICEMV

1.Na yopoxtnpicete pe Xmoté 1 Ad0og TG TOPAKATO TPOTAGELS

I. T va avalntioovpe to 0pto g f oto X, mpénern f va opiletan 660 BEAovE
“kovté 610 Xy, nAadn n f va eivor opiopévn 6° éva GOVOAO TG LOPONG
(%) U(Xp,B) M (X)) 1 (Xq.B)-

Il. To X, pumopet va avinkel 610 Tedio 0ptopoD TG GLVAPTNONG N VoL UNV OVIKEL

o’ ovTo .

lii. Htyn g f oto X, 6tav vmapyet, propet va givar ion pe to 0ptd g oto X

N O10POPETIKT OO AVTO.

2."Eoto 10 modvdvopo P(X) =o X" +a X" +...+ o, X+ 0o, Kkt X, € IR
Na amodeigete oti: lim P(x) = P(X,)
X—>Xg

-----------------------------------------------------------------------------------------------------------------------------------------
...........................................................................................................
...........................................................................................................
...........................................................................................................
...........................................................................................................

...........................................................................................................

P(x)
Q(x)

X, € IRpe Q(X,) #0. Na amodei&ete OtL: lej (F;(())(()) = g(())((z))

3/Eotm n pnt ovvaptnon f(X) = omov P(X), Q(X) moAvdvoua Tov X Kot

http://perikentro.blogspot.gr/ Kdotag KovtooBasiing
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4. Na swrvnocete 1o Kpurnipio [Mapepfoing

D N1 A 112 1

5.a. TTote pio cuvaptnon f elvarl cuveync 6to onueio Xg TOL TESIOL OPIGLOV TNC;
B. ITote o cuvaptnon f dev elval cuveync oto onueio Xo ToV TEdiOV OpLoUOD TNG;

..........................................................................................................................................
...........................................................................................................
...........................................................................................................
...........................................................................................................
...........................................................................................................
...........................................................................................................

............................................................................................................

http://perikentro.blogspot.gr/ Kdotag KovtooBasiing
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6. Na yopaxtnpioete pe Lmoto | AaOog TIC TAPUKATO TPOTAGELG

a. lim f(xX)=7 av ko povo av lim f(x) = lim f(x)=¢
X=X, X=X, X=X

B. Av lim f(x) <0 tote f(X)>0 xovtd oTO Xo
X=X,

v. Av lim f(x) =+ tote lim &/f(X) = +o0
X=X, X—>X

8. Avo>1 tote lim o =0
X—>+00
€. M ovveync cuvaptmon f diatnpei tpoonuo oe kabéva amd to S1ocTHUOTO OTO
omoia ot dradoyikeg pilec g Fympilovv to medio optopod ™G

0

a. B. Y. 0. €.

7. a. ITote wa ovvaptnon f Ba Aéue Ot givon cuveyng og £va, avolktd didotnua

(o B);
B. ITote o cvvaptnon f Oa Aépe 0TL lvan cuveync o€ éva KAELGTO ddoTnua
[a.B];
N1 A 112 1

...........................................................................................................

...........................................................................................................

...........................................................................................................

...........................................................................................................

...........................................................................................................

...........................................................................................................

...........................................................................................................

...........................................................................................................
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8. Na datvnwbei to Oedpnpa Bolzano kot va d00el n yeopetpikn tov epunveia

9. Na yopaxtnpicete pe Lmoto | AaOog TIS TAPUKATO TPOTAGELS

@ Toyder  lim f(x) =/ < lim (f(x)—¢) =0
X=X, X=X,

B. Ioyoet: lim (f(x)-g(x))= lim f(x)- lim g(x)
X=X, X=X, X=X,
v. Av g(X)#Ug kovtd 1o X toyver  lim f(g(x)) = lim f(u)
X—>X, u—u,

0. H ewxdva f(A) evog druotiuatoc A pécm pag cuveyobvc cuvaptmong f eivar
dloTnuo

€. Av o ouvdptnon f eivarl yvnoiog avéovoa kot cuveyng oto draetnua (o,f)
TOTE TO GUVOAO TIUAOV TNG 6TO ddoTN avTo €ival To (B,A) 6mov

A= lim f(x) xor B= lim f(x)
X—>p"

X—ao"
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MoaOnpatikd I' Avkeiov H BOcwpia o Epotmoeic pe kevd yia Amovtnoelg

10.’Eoto po cvvaptnon f 1 onoia eivar opiopévn oto kAeloto didotnua [o,B]. Av
» H feivar cuveyng oto [a,f]

" (o) =f(B)

va dei€ete 611 Yo kiBe ap1Oud N petald tov fa) kot f(B) vrdapyet Evag tovAdyietov
Xoe (OC,B) MOOTE f(Xo)zT]

.........................................................................................................................................
...........................................................................................................

...........................................................................................................

...........................................................................................................

12. No yopoktnpicere pe Zooto 1 AGBog TS TOPUKAT® TPOTAGELS

a. Av o evvaptnon T eivar cuveyng 6to X Kot 1 Guvaptnomn g ivol cuveyng 6To
Xo T0TE N 6VVOeST ToVg gof €lvon cvveMc 610 Xo
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B. Av ot cuvaptioelg T ,g égovv 6plo oto Xy kot woyvet f(X) < g(X) kovtd oo Xo
101€

lim f(x)< lim g(x)

X=X,
. X —1
y. Ioyder lim OOVE=2 _0
x—0 X
6. Av lim f(x) =—c0 t6te f(X)<0 KOVt 6TO Xo
X=X,
a. B. v. 0.

13. Na yopoxtnpicere pe Looto 1 AdBog T TaPUKATO TPOTAGELS

i lim f(X)=¢ < limf(xo+h)=¢
X=X, h—0

i, lim |f(x)|:‘ lim (x)
X=X, X=X,

Hi. [Inux |2 x|, vy kdbe XelR(M 1ootnTa toydel povo étav X =0)

iv. fim DX 1 gim WX g
x—>0 X X=to X

o XY + 0, XV o X + ol

V. ['a ™ pnt ovvépton f(x) = :
BX® + B X" e+ Brx + B

a, #0
B, #0 woydeu:
A% A%
lim f(x)= lim | &% ko lim F(x) = flim | X
X —>+00 X—>+00 BKXK X—>—00 X—>—00 BKXK

Vi. ‘OLeg 01 TOAL®VLUIKES KOl pNTEC GUVAPTNOELS Elval cuveyEic 6To TTEdio
0pP1LoUOV TOVG.

vii. Av iia cuvaptnon f dev eivan cvuveyng oto dtdotnua [a,B], tote,
TOIPVEL VITOYPEMTIKA OAES TIC EVOLAUECES TUUEC.

viil. Av i evvaptnon f eivar cuveyne o éva dtdotnuo A kot o€
undeviletor 6° avtd, TOTE awTN N lvon BeTiKn Yo kdbe X € A 1) efvan
apyVNTIKN Yo KaBe X € A, dNAadn ototnpel TPOGNUO 61O OdoTnua A.

. 1P Iii. V. V. Vi. Vil. Viil.
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14 Mg 11 1600t TO OPLO PNTNG GLVEPTNONG OTOV X —> oo OTAV
I. 0 Pabudc tov apunt eivan icog pe tov Pabud tov TapovopaoTy;
Il. 0 Babudg tov apOunt eivar pkpdtepog amd Tov Pabud Tov TaPAVOLICTN;

Iii. 0 Badpog Tov apBunTy givor peyolvtepog and tov Padud tov mapovouaoTn;

15.1Tov mpémer va. givon opropévn e, cvvaptnon T yo va avalntioovpe 1o 6p1o 610

+00 (avtioToy e 670 -o);

.............................................................................................................................................
...........................................................................................................
...........................................................................................................

.........................................................................................................
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MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

TAEH T
Opado IMpocavatoMmopod OeTIKOV ZTOVd®V

® E QPI1IA
"TMapayoyor”

1. a. [Tote o cvvaptnon f eivar mopoaymyicyun oe £va onueio Xo TOL TEdiOV

OpPLGLOV TNG;
B. Il6te wa cvvdptnon f eivarl mapaymyicyun oto medio optopov ™ A 1, amhd,

TOPAYOYIGIUN.
y. ITéte o cvvaptnon f elvan mtapayoyiown oe Eva avoiktd ddotnua (a,p);
6. [Tote o ovvaptnon f elvan mapoaywyiown oe éva kKAeloto dtdotnua. [o,pB];
e. T ovopaleton mpd mapdywyog g f;

...............................................................................................................................................
...............................................................................................................................................
...............................................................................................................................................
...............................................................................................................................................
...............................................................................................................................................
...............................................................................................................................................
...............................................................................................................................................
............................................................................................................

............................................................................................................
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MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

2. Na anodeiéete 6Tt : Av pa cvvaptnon f elvar mapayoyioun oe éva onpeio Xo
TOTE ElVOL KO GLVEYNG GTO GMUELD AVTO.
To avtiotpoPo 1oyveL; AlTOAOYNGTE TNV ATAVTINGON.

3’Eoto 1 otabepn ocvvapton f(X) =c, ceIR. H ouvapon f eivan mapayoyicyn
o1o IR ka1 woyver T'(X) =0, dnhadn (c)' =0

4'Eotm 1 ouvaptnon f(X) =x. H ocuvaptnon f sivon mopaywyioiun oto IR kot

woyvel F'(x) =1

............................................................................................................

-13-
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MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

5.’ Boto n cuvépmon f(X)=x" v e N-{0,1} Na Seifete 6t eivor mapaywyicyun oto R
KOl 1oYVEL :

6. 'Eoto 1 ovvéptnon f(X)= Jx . Na dei&ete 0L eivan mapoaywyiowun oto (0,+ ) Kot

oY VEL:
1
N
(Vx) B
N1 A 112 1 P

-14 -
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MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

7. Eoto n ovvéptnon f(X)=x", ve IN". Na Seifete 6Tt givon mopaywyiown oto IR
KOl 1oy VEL:

8. Av ot cuvaptioelg f,g eivarl mopaymyiciues 610 X T0TE 1 cvvdaptnon f+g ivar
noapayoylown  oto Xg ko woyvet - (f+9)'(Xg) =1'(Xg) +9'(Xp)

- 15 -
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MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

10. Na. deiete Ot1: 1 suvdptnon F(X)=o* ,0>0 eivor mapoaywyicun oo IR ko 16yvet
() =a"Ina

11. Na deiete Oti: | ovvaptnon f(X)=x" ,a € IR - Z givar mopoayoyicwun oto (0,+0)

Kat woyvel (X*) =ox“™

............................................................................................................

-16 -

http://perikentro.blogspot.gr/ Kdotag KovtooBasiing




MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

14. No dwatvrmbei to ©.Rolle kot va 600¢i n yeopetpikn epunveia.

PN 1 AV o 111 | T

15. Na dratvnmBei to Oedpnuo Méong Tyung Atagpopikod Aoyiopov Kat vo. 500l i
YEOUETPIKY] TOL E€pUNVveEin

N1 A 12 1

16. Noa dwatvnwOet To ®.Fermat
N1 A 111 1

...........................................................................................................
...........................................................................................................

...........................................................................................................
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MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

17.’Eoto o cvvaptnon f opiopévn oto dtdomua A. Av
e H felvar cuveync oto A
o f'(x)=0 yi0 K40e ecmwTEPIKO oMpeio X tov A
t0te N T givonl otabepn oo A.

18.’Eotm dvo cuvapthoelc T ,g optouéveg oto A. Av
e Oif,g elvan cuveyeic oto A
o f'(X)=9g'(X) yia kabe ecmTEPIKO OGNUEio TOV A
10TE VILAPyEL otabepd C dote Yia kdbe X e A va woyver : f(X)=g(x)+c

...........................................................................................................

............................................................................................................
............................................................................................................

-18 -
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19.’Eoto wo cvvaptnon f ouveyng oto A. Av T'(X) > 0 og kGbe ecmtepicd onpueio X
T0V A va dei&ete 6T T etvan yvnoiog avéovoa 610 A.

D N1 A 111 1

20. Eoto o ocvvaptnon f opropévn 6to didotnuo A Kot Xo £vo E0mTEPIKO oMuEio
00 A . Avn T mapovctdlel Tomikd akpOTaTo 6TO Xo Kot £Ival mopaymyiciun
oto onpeio avtd tote f'(Xy) =0
N1 A 102 1

............................................................................................................
..............................................................................................................................................

...........................................................................................................

............................................................................................................
............................................................................................................
...............................................................................................................................................
...............................................................................................................................................
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21.’Eoto o ovvaptmon f mopayoyiown o’ éva Staomua (o, B), pe e€aipeon icmg
évo onpeio Tov X, , 610 onoio Opmwgn f etvon cvveync
I. Av f'(X) >0 oto (a, X,) ko f'(X) <0 oto (X,,B), tote t0 f(X,) eivon TomiKod

péytoto g f.

ii. Av f'(x) <0 oto (a,X,) ko f'(X) >0 oto (X,,B), tote 10 f(X,) €lvon TomKod
eldyroto g f.

iii. Avn f'(x) dumpel mpdonpo oto (o, X,) U (X,,B), tote 10 F(X,) dev eivan
Tomik6 akpotato ko f eivon yvnoiog povétovn oto (a,f).

http://perikentro.blogspot.gr/ -20- Kootag Kovtoofaciing




MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

22. T1ote o cuvapnon pe medio opiopod A OBa Aépe 6T Tapovctdlel 610 Xoe A
TOMKO HEYIOTO; Kol TOTE TOTIKO EAAYIOTO;
PN 1 AV o 111 | T

23. Tloteg givan o1 mbavég Béoelc akpotdtmv piag cvvaptnong f oto didotnua A;

N1 A 12 1 P

24. Tl1ote o ovvaptnon f elvan kopt; Iote givon koidn; Ti ovopdletar onueio
KOummG;

N1 A 112 1

...........................................................................................................
...........................................................................................................
...........................................................................................................
...........................................................................................................
...........................................................................................................
...........................................................................................................
...........................................................................................................
...........................................................................................................

...........................................................................................................
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25. Toteg givan o1 mbavég Oéoeic onueiov Kaunng pog cvvaptnong f oto didotnua
A;

------------------------------------------------------------------------------------------------------------
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MoaOnpatikd I' Avkeiov H BOcwpia o Epotmoeic pe kevd yia Amovtnoelg

29. Na dtotvrtmBovv ot kavoveg Tov de L Hospital

30. Na yopaxtnpicete pe Xmotéd M Ad00og TS TUPOKATO TPOTAGELS

a. Av 10 A(Xo,f(Xg)) elvan onueio kapumng e Cs kau 1 T givor dvo popég
napayoyiown tote '(Xy) =0

B. H ypagikn mapdotacn pog cuvaptnong f dev tépvet Tig acvuntmteg

y. Ot moAvovopkés cuvaptnoelg Badpuod peyadvtepov 1 icov Tov 2 dgv Exovv
ACVUTTMOTES

0. 'Eva tomko péyioto pmopet va eivar pikpotepo amd £vol TomKo EANYIOTO

€. Av 1 feivar yvnoiog abéovoa tote '(X) >0

o1. Av T'(Xy) =0 tote N T €yl 610 X) TOMIKG OKPOTATO

L. H ypoeu mopdotaon o moAvovuKnig cuvaptnong dptiov Baduod yxet
Tovtote 0pllOVTLL EQUTTOUEVT

0. H evbeio Xx=1 elvor katakOpL@N GCOUTTOTN TNG YPOPIKNS TOPAGTUAONS TNG

GLVAPTNOTG
2 p—
£(x)= X®—3X+2
x-1
0. B. v. 0. €. oT. C. 0.
-23-
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MoaOnpatikd I' Avkeiov H ®Ocompia e Epomoeic

31. Av n evbBeia y=AX +B givan acOuntot g C; 610 00 TOTE

A= , B
1 1

32. 1o lim X+ X 500101 pe a). iz B. 22 ). —iz 5).0
h—0 X X

33. Av f(x)=5% tote 1 f'(X) w0t pe o). 3x5>" B ). 35
53X

5).

3In5

34, Av f(x)=(x*-1) t61e 1 £pdoun mopdywyoc owthc oto 0 givan :
). 1 B). -1 7). 0 d). 27

v). 5¥In125

€). Aev vmdpyet.

LE KeVA Yo ATTOVTNGELG

35. Av ot epamtdpevec v ovvapthoenv fF(X)=Inx ka g(x)=2x* ota onueia pe

TeETUNUEVN Xp efvon mopdAANAeg TOTE TO Xo €lva:

a). 0 B). 1 v). 2 5). %

€). 2

1

http://perikentro.blogspot.gr/ -24-
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TAEH T
Opado IMpocavatoMmopod OeTIKOV ZTOVd®V

"Oloxkinpopota”

1. Trvovoudleton apykn 1 mtapdyovoa g f oto A;

2.'Eoto T o cuvaptnon opiopévn oto A. Av F givan po tapdyovoa g f oto A
101€
» Oleg o1 ovvoptioelg g popeng G(X)=F(x)+c, ce IR &givou emiong
napdyovoeg ¢ f oto A.
» Kabe dAin mapdyovoa G g f oto A maipver ) popery G(x)=F(X)+c ce IR

...........................................................................................................

...............................................................................................................................................
...............................................................................................................................................
............................................................................................................
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3.Na dmceTe TOV OPIGUO TOL OPIGUEVOL OAOKAPDOOTOG

4. Eoto T ua suveyne cuvaptnon oto dtdomua [a, B]. Av G givon pia mapdyovoa,

¢ foto [a,B] totE : Tf(t)dt =G(B) - G(a)

5. Na yopaxktnpicete pe Looto 1] AaBog TS TOPUKAT® TPOTAGELS

B o
a. [f(x)dx =—[f(x)dx
a B
B
B. Avf(x)>0 tote [f(x)dx=0
" B Y B
7. Av f ouveyig oto A kat o, B, yeA 16te [f(x)dx =[f(x)dx+ [f(x)dx

0. if(x) -g(x)dx = ?f (x)dx - jig(x)dx

o. B. Y. 0.

- 26 -
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MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

6. Eoto® dvo cuvaptioelg f, g ovveyeic oto ddomua [a, B] pe f(X)>g(x) >0 yw
Kké0e Xe[o, ] wor Q 1o ywpio mov mepikdeieTon amd TIG YPAPKES TOPUGTACELS

p
tov T ,g ko 11 evbeieg X=a ko X=B. No amodeiete 611 E(Q)= I (F(x) —g(x))dx

7. Na amodei&ete 0Tt 10 eUPfaddv Tov ywpiov Q mov mepikAeieton amd tov dEova XX
™ YPOQIKN Topdotact thg cvuvaptnong g pe g(x)< 0 yo ke Xe[o,B] xon

i
T1G evBeiec X=a Ko X = dtvetan and tov Tomo E(Q)=-— '[ g(x)dx

...........................................................................................................
...........................................................................................................
...........................................................................................................
...............................................................................................................................................
...............................................................................................................................................
............................................................................................................

............................................................................................................
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MoaOnpatikd I' Avkeiov H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

8."Eot® dvo cuvaptmoelg T, g ovveyeic oto domua [a, B] pe f(X)>g(x) yio kabe
xXela,B] ko Q 10 Ywpio ToL TEPIKAEIETAL 0D TIG YPOPIKES TopacTdoels TV T,g

p
Kot TG evfeieg X=a ko X=P. Na amodeilete 011 E(Q)= I (F(x) = g(x))dx

9. Otav 1 drapopd f(X)-g(X) dev datnpei otabepd TpodcNo o610 [a ,B] va anodeilete
Ot 10 guPadov ToL YOPIOV TOL TEPIKAEIETAL OO TIC YPAPIKES TOPUCTACELS TV T ,(

Kol TG evBeieg X=a ka1 X =B eivan ico pe E(Q)= Ij| f(x)—g(x)|

...........................................................................................................
...........................................................................................................
...........................................................................................................
............................................................................................................
...............................................................................................................................................
............................................................................................................

............................................................................................................
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MoaOnpatikd I' Avkeiov H BOcwpia o Epotmoeic pe kevd yia Amovtnoelg

10. No amodei&ete o611 (E(X)f(t)dt) =f(g(x))-g'(x) pe v mpoimdOeom O1L Tl

YPNOLOTOLOVUEVE, GULPOAN £XOVV VOTLLAL.

D N1 A 101 1
1
11. To ohoxAnpopa I= I| x? —1]dx eivat ioo pe
-1
4 -4 2 5
o — .0 L — 6. — € —
3 P "3 3 3

12. Av T'(x) =g'(X) yia kabe x e[-11] xoun f(0)=g(0)+2 totE Y100 KAOE X €[-1]]
oyVEL

a. =902 B. [LFC)-g(x))dx=4 7. f(x)<g(x),x [-L1]

13. Na yapaxtnpicete pe Zootd 1 AdOog T mopokdTm TPoTdoelg

a. 'Eoto f pia ovveyng cuvéptnon oto dtdomua [a,B]. Av f(x) >0 yuo kaOe
X e [a, B]kar n cuvaptnon f dev eivan mTavtov undév oto dtotTua avtd T0TE

p
[f(x)dx >0

X
B. Av F mapayovca g f 6to A 1018 15)0€EL Uf (t)dt] =f(X)yio kGbe X €A.
v. [PR0)G (dx + [ F (g (x)dx = [F ()g(x)1}

0. woyvel .[ECdX:C(B—oc)

o. B. Y. 0.
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MobOnpotikd I' Avkeiov

H Ocwpia e Epotmoeig pe kevd yioo ATavtnocelg

14. Na yopoxtnpicete pe Looto 11 AdBog T TOPUKATO TPOTAGELS

I. O TOTOC OAOKAPOGNG UE QALOYT) LETAPANTIG Y10 TO OPLOUEVO OAOKAT|POLLO,
4 A B ! 2
rodpver  popei [ f(g(x))g'(x)dx = ju”l f(u)du,

omov f,g’ eivar ovveyeig cuvaptoels, U =g(x), du=g'(x)dx kar u; =g(o),

U, =g(B)-

I. To I 5 f(x)dx eivan oo pe to abpotoua TV epPfaddv TV ywpinv Tov Ppickovtol

Tave and tov GEova XX ueiov to dOpoicpa TV epufaddv TV ywpimv mov

Bpiokovial kKGTm amd Tov aEova X'X .

iii. To epPaddv tov ywpiov mov mepikheieton and g Cr, Cq elvou:

P,
E = [If(x)-g(x)|dx

P1

Onov p1 N pukpodTEPN KO po M peyarvtepn pila g f(x)=g(x)

Iv. Toyvet

Uf (X)g(t)dtj =X '(X)Tg(t)dt +f(x)9(x)

iii. Iv.

http://perikentro.blogspot.gr/
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