11ο ΦΥΛΛΟ ΕΡΓΑΣΙΑΣ

ΕΠΑΝΑΛΗΠΤΙΚΑ ΘΕΜΑΤΑ
ΜΑΘΗΜΑΤΙΚΑ ΚΑΤΕΥΘΥΝΣΗΣ
Θέμα 1ο
[image: image1.png]Alvetan 1) ypogiki) Tapaotacn mg cuvapmoeng f.

x -2 -1

B,. Na Bpeire 0 nedio 0piopob kat to cbvodo Tpey mg f. Movidec?

B,. No. Ppsite, av umapyovv, To TopaKdte opio.

o limf(x) P llg}f(x) v mf(x) 8. limf(x) & limf (x).

T 10 GpLo: OV eV VIAPYOVV VL CUTIONOYHGETE TV ARAVTIGT GO,

Movideg 7
B,. No Bpeite, av vmdpyovy, To Topakite opia:
1 1
. lim—— . lim—— . Limf(f(x)).
o L‘E‘f(x) b xlflf(x) T (£(x)

Nt 01TI0A0YTOETE TV ATAVTION CaG. Movédes 9



[image: image2.png]B,. No Bpeite ta onpeia ota omoia 1 f dev sivar cvvexig.

No ortiohoyfioete ™y andvinen cag. Movédes 3

By. Na Bpeite ta onpeio X, Tov 1ediov optopod g f yio ta omofa wyver ’(xo) =0.

No artiohoyfoete Ty andvmet cag. Movidec 4
oc




Θέμα 2ο
[image: image3.png]Alveton 1 Ypuguct| Tupéotoon mg suvdpmong f.

B,. Nu Bpeite 10 nedio optopot mg f. Movidec 2

B,. Na ebetdoete av 1 f maipver my tm —é.
2 Movadec 2
B,. Nu Bpeire, av vrdpyovv e 6pio:
o lmf(x) Bolmf() . imf() b Imf(x) e 1‘1‘7‘@'
Movédec 10
B,. Na Bpeite to onpeio ot onofun f 8ev eivar covegic.

Na artioroycete ™y andvinon oog, Movidee 5
lovédes



[image: image4.png]B.. Na vrohoyicete t0 opio:
(3,5 —£(3,5
lim———( * h}z ( )

(=

Movideg 6




Θέμα 3ο
[image: image5.png]Alvetain ypogix mapdotaon g cuvapmong f.

B,. No. Bpeite o medio optopod kat 10 6ovoko tipdy mg .

! Movideg 3
B,. Na peite, av vrdpyovv ta opus:
o lmf(x) p. lmf(x) v limf (£ (x)). Vit

B.. Nu Bpeite te onpsio x, 100 mediov opopod mg f ya ta onoia wydet £7(x,)=0.

No. 01T10A0YNOETE TV 0mGVTGT| Gag. Movédes 5

1
- Naawtiohoyfioste Tov Adyo mov vmépyet X, € (-3, 1) tétoto, dote £*(x,)= =

Moviédeg 6

=

B,. Na Ppeite o Sruompora ota onofo sivar £°(x)> 0. Movisec 5




Θέμα 4ο
[image: image6.png]Aiveton 1 ypaguen maphotaot g cuvapmong f: (—3, 5)—R.

4y

v

B,. Na. Bpsite to cbvoho mpdbv mg £.

Movades 3

B,. Na fpsite a 6pra:
0. lim f(x . limf(x - llm— 8. lim f|
limf(x) p. lmi(x) () g

Movidec 8
B, Na ppeite ta kpiowa onpeia mg cvvipmong f. -
B,. No Bpeite ta Siaotijata ote onoia sivar £(x) < 0.

Movédes 4

Av F sivan e apyuc g £ oto Sidomua [0, 2], téte mo1ov 7opiov 10 siBadéy

exgpdle n nopaotaon F(2)-F(0); Movides 5




Θέμα 5ο
[image: image7.png]Tto mupakiTo cyipe divetar 1 Ypapi mapdotacn e napuydyov 1 pog cuvapm-
ong f oto Sdompa [-4, 6].

B,. Na Bpeite o kpiotpa onpeio mg cvvapmong f oto ditotnua [-4, 6].
Movideg 5

B,. Nanposdiopicets ta dotfipota ote onoio 1) cuvapmon f sivar yvnoiog abtovoa
1 yvoing gbivovso.

Movédes 4
B,. Na sfetéoete av 1 £ napovcidlet Tomkd aipbrato yiox = 2 Kot om CUVEXEW VOL

mpocdopicere Tig Oécerg Tomikdv akpotdrov e f. Movisecd

B,. Na npocdtopicete o dwstipate ota onofa 1 f eiva kofAn, kupt, Kabdg Ko Tig
0éoeig onpeiov Kopmig. Movades 4
B,. No. peite motov xopiov 1o epadév exepdlet n napiotaon £(4)—f (2).
Movides 3
B,. No Bpeite o opra:
£(1+h)—£(1 . f(x)-2
lim( )=t() |.Ll|m()

@ .
=y h =1 Inx Movidec 5





Θέμα 6ο
[image: image8.png]Aivetan ovvépmon £(x)

B,. Nau Bpeite 0 Slotpate oto onoiu 1 f eivar yvnoiog avgovoa, ta Sluotiuata ot
omoia f sivar ymoiog edivovoa kot T axpérata TG f.
Movédec 8
B, Na Bpeite 1o Sluotipata ota omoia 1 f sival kupti, to Sleotipate ota omoia 1 £
eivan Koikn Ko va mpoodiopioets T onpeia kapmig ™g C,.
Movédes 7
B,. No Bpefoty o1 actpmetes mg ovvépmons f.
Movides 4

B,. Na oysddioete m ypagici naphotaen mg cuvipmong f.
Movidec 6




Θέμα 7ο
[image: image9.png]Aivetoann cvvapmmon:

f(x):x+%, xe(0, +).

B, Na Bpeire e Surotiipota 1o onofa 1 £ eivar pviisiog abfovoa, ta Sluotiuate ota
onoia eivar yynoiong pbivovou kar ta axpdtate ™ f. Xt cuvéyea, va anodeitete
onun f etvon kopti.

Movédes 8

B,. No Bpefte T1¢ acOpRToTeg TG YpaoIkig napdotacng mg suviptofs f.

Movidec 4

B,. Navrodoyicete 10 epfadév tov ympiov mov aepukeietat amd m ypagu noplota-
on e cuvapmong £, Ty mhéyia acdpmtam mg T ke Tig el x = 3 ki x = 4.

Movddec 7

B,. Me paon ta eporipata B, kot B, va oxedibioete ™ ypoagikh topiotact mg £

Movidss 6




Θέμα 8ο
[image: image10.png]Advera n covapmon:
fx)=x’+ax+B, xeR, o, feR.
B,. Navohoyioete Tig Tipég tov o, B, dote 1) gubsia (€): y = x vo spdmreton o1 ypo-
Quer rapéotacn g f oto onpzio A (0, £(0)).

Movides 6
T cvvigse, yi o= 1 ko = 0.

B, i. Na pehetiioete 0g Tpog T povotovia m cuvdpmen f.

No Mvoete 610 Rty napaxdro avicmon:

i (x‘ + x) >10.

Movddeg 4+ 6=10
B,. No vroloyicete 1o mapudt® 6po:
5 (xl —x+1)-lnx
Hm

fart £(x)
Movide 9




Θέμα 9ο
[image: image11.png]Aivetonn oovépmon f(x)=e —x, x €R.

B,. Na peheriioere m cvvapmnon f og mpog m povotovia kat te akpdtate kot va Bpei-
7€ T0 GHVOLO TGV TG cuvipmong f.

Movideg §
B,. Na anodeitets 611
i ¢ 2x+1, ykife xR,
ii. e*> +1 6 >0.
i e*>nux + 1, y10 k60e x Moviseg6

B,. Na vrohoyioete to epfadov tov ywpiov nov mepuceistat o m ypapLky maphote-
on g cuvapmong g(x)=xf(x), Tov &Eove tav X kot my svbeiax = 1.

Movideg 7

B,. No arodeifete 6t n eveic y=—x sivat mhyie acOunto™ ™G Ypepukis Tupd-

oTaong g ouvapmong f oo —o. Movidss 4




Θέμα 10ο
[image: image12.png]Atvetanm covapmon f(x)= mx—l, x>0.
X

B,. Na Ppzite 11 opiévrieg kau KOTUKOPUOEG AOVUTTMTEG TNG YPUPUKHG TOPACTAONG
g f, eav vrdpyovv. Uovdiios 8

B, Na anodeitete 6min eéicoon f| (x)=0 & povaduc pito oto Srdotnpa (1, €).
Movades 7
B,. Novrohoyicete to £pBad6v Tov ywpiov Tov TEPIKAEIETAL AM6 T YPUQUT TAPGOTH-

on g cuvipmong £, Tov GEova Tav X Kol Tig sudeie X = €, x = 2e.
Movédes §
B,. Not vrohoyioere o 6pio lim (xf (x))-
pat
Movides 4




Θέμα 11ο
[image: image13.png]Aivetan n ovveyic cuvépmon f:R — R, pe:

B,. Na amodeidete 6t0.= 1.

£(x)=

{(x—a)e‘, x<l1

Inx Lxxl

B,. Na egetaoete av 1 f givan wpuyom'm[,u\ ot x,=1.

B,. No pehetficetes ™ ovvéptnon f o npog m povotovia.

B,. No vroloyioete 1o opro:

lim

fry

f(e‘)+f(e")+f(e‘l).

x+2x7 +3x°

Movides 5

Movidec 8

Movédeg 8

Moviédes 4




Θέμα 12ο
[image: image14.png]Afveratn oovépmon £:(1, 4e=) —> R, e £(x) = 1-"];‘3
X




[image: image15.png]=

5

g}

&

- No amodeigete 61 ovvipmon f eiven yvnoiog gbivovoa.

Movades 6

- Noegetdoete av n ypugu mapaotaon mg f et OPILEVTIEG Kal KATAKOPVPES AT~

prToTes.

- Na Bpeite 1o hvoro Tpdv mg cuvaptmong f.

Movades 8

Movadec 5

B,. Av F eivon pua mapéyovon mg cuvépmong f oto (1, +e2), T61E VoL omodsifete o1

Y10 KGBE X, X, €(1, +oo), pe X, < X,, 1oy08L:

F(x,)-x, <F(x,)-x,.

Movédes 6




Θέμα 13ο
[image: image16.png]Aivovtat ot suvapticeg:

f)=1 xa g(x)=x"=3x+3, xe (o, +0).
x
B, No anodeicete 611 o1 ypagucég napastioei; tov cuvaptioeay f Kot g £xouv kowi

epantopévn oto onueio A(1, 1). Movidec §

Bzopodpe smmhiov T cvvaprnon:
h(x)=g(x)-£(x), x € (0, +o).

3
-1
B, No amodeicers 6t h(x)= (C " ) 5 x>0, ko 61un h eivar yvnoiog avéovoa.
Movédes 4
By No Bpeite to obvolo Tyudv mg cuvipmong h kot ve amodeigers dnin skiowon:
X =3+ (3-a)x-1=0
ey kiBe ae R axpiaog wa pile 610 didotnjue (0, +oo).
Movadec 9

B,. Na vnoroyioete to suBaddv tov yopiov mov mepucheictat ano TG YPUPUCEG TTapaL-

otéoElg TV cuvapticeav f kot g kat v sudein x = 2.
Movides 6




Θέμα 14ο
[image: image17.png]Aivovror o1 cuvaptices:
f(x)=Inx+x-1 ko g(x)=2xInx+x*-4x+3, x (0, +e0).

B,. No peketiioste og mpog m povotovie ken to axpdtate T cuvaprnon f ket va Bpei-

€ 10 TPOON6 T, Movidigs

B,. No amodeigere 6 g'(x) = 2f(x) kot om ovvéyewa v peketioste m covépmon g

®G TPOG T HOVOTOVie: KaL T 0KPOTATA. Yool

B, Na Moete mv s&iowon g(e*)=1.
, Movides 5
B, Na anodeizers ot [4g(x)-£(x)dx = 361’3,
L Movédes 6




Θέμα 15ο
[image: image18.png]‘Eoto f, g 800 cuvoptices, pe:
£(0)=g(0), £(1)=g(1)+1 xar £”(x)=g"(x), v <60t x €R.
B,. No anodeitets ot .
£(x)=g(x)+x, ywkdde x €R.

Movédes 10
Av emmhov efvar Yvoot6 6TLn cuvépon g éxet 590 piles a, B, ue a <0 < B, ote:
B,. va amodeiZete 0t cuvaptnon f éxet pa tovidyotov pie oto (a, ).

Movades 8

B,. va anodeitets oti:
° B

Ix g( Jx £(x))dx.

Movidec 7




Θέμα 16ο
[image: image19.png]Aivovrar ot suvaprioeig f, g : (0, +o0) > R, pe:
1()=2 ka g(x)=Inx
X

B,. Nu amodeitere 6t1 o ypagukéc TAPACTAGES TV suvapTioeny f Kat g Sev Eyovy

KOWT| £Qamtopéw. Movédeg 5

B,. N Bpeite y1a noweg mpég tov x €(0, 40) Ypagual mapdotaon g g Ppiokstar

Ve amb ™ ypaeu Tapdotacn mg f:
Movésec 6

B,. Na vroroyioete 10 epfadév E(L) tov Fwpiov mov mepudeietar and Tg ypc.(pu(e;
TAPOCTATEG TV GUVapTceny f, g, Tov GEova v x keL v subeio x =4, A >
Movades 8
B, Na Ppeitc 10 6puo lim F(1).
Movades 6




Θέμα 17ο
[image: image20.png]Atvetar covipmon f(x)=x+1— 12, x>2.

x—

B,. No peketfioere myv £ og npog ™ povotovia kot va anodeifete 6t f eiven KofAn
0 31 2, 4o0).
o0 Bompe ( ) Movéses 6
B,. Na Bpzite 11g aobpntotes mg ypuguig TapaoTaong TG ouvapToNg f.
Movidec 6
B, Na vmohoyioere to zupabév E(A) tov xwpiov mov nepucdsistat amd m ypagu ma-
photacn mg suvapmong f Kormig gvlefecy =X+ 1, x =Lwarx=A+ 1, pe A >2.
B Movadec 8
B, No Bpeite yio moteg g 100 ke (2, +oo) 1066t E(A) > In 2.
Movddec 5
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