ΑΣΚΗΣΕΙΣ ΕΠΑΝΑΛΗΨΗΣ
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3iv) f’(x)=f2(x)-4f(x)+5      
dx  -4+  5dxln[f(x)]=β-4+5 Iln[f(1)]-ln[f(0)]= β-4+5 I
 β-4+5 I
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Aiverai n owvexiis auvépnon f: [0, +00) — B e F(0) =1 kar 2x < F/(x) < e* , via kd®c

x>0
i. Nadeigere 6m: X% +1 < F(x) < e*, yiakdbe x > 0.

ii. Na ppeite To g0voro Tipwv Tng f.

Na 3sigere 671 n egiowon f(x) = 2x*, éxei wia ToukdxioTov piZa oto (1,2).

iv.

Av E To eupadév Tou xwpiou Trou epikAEieTal anéd TNV ypagikr mapdotaon Tng f, Toug

a€oveg ouvreTayuévwy K TV suBeia x = 1, va Beigere émi: g <E<e.
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Aivovtai o1 suvapTriceis f, g o1 omoieg eivai Tapaywyioiues kai «1-1» gTo R, via Tig omoieg

[

e«“")‘
B

= yigkae x € R,

f(x+v) = f(x)+f(v),

H ouvdptnon g éxel 8uo eTepdonuies pITES p,.p, HE P, < P,

i Acigre o1 f(x) — g(x) = x viakdBe x € R.
ii. Acigre 671 n egiowon f(x) =0 éxer povadixii pila oTo SidoTnua (p,.p, )-

B. Acigre 6mi umdpxer onueio K (£,F(E)) ue € € (p,,p,) e veavirig mapdotacng g
ouvdptnong f wote n epanTopévn ato K va éival TapdAAnAn otn SixoTopo Tng 17 kai

3% ywviag Twy afovwy.

€. Edv n ouvdpTnon g eivar yvnoiwg ab§ouaa ato R, Sei€Te 611 n auvdptnon f sivar

Ywnoiwg aéouoa oTo R .
D. Acigre 671 eV n ouvdpTnon g sival kupTH oTo R , TéTe n f Bev éxer onueia Kamic.

E. Na untoAoyioeTe To euPadov Tou Xwpiou Tou TepIKAEIETAl GO TIG YPAYIKES

mapaotaceis Twy £, g , Ty cuBkia x = 2 Kai Toug d€oves xx',yy'.
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Eorw awdptnon ,f(x) = x +x? +1, x € R.

i. Na&eigere 6 f(x)> 0, yiakd@e x € R.

. . i ()
Na ueherioets ws mpog 0 povoravia  avvdtnan - .
X

iii. Na uohoyicete To:
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Eorw n owvdpnon £, via v omoid ioxVer: f(f(x)) = x +f(x) via kd@e x € R. Tag
Tnnéve va Beigere 6mi:
i, Houdomnon f eivai“1-1".
i. f(0)=0.
i, Avn f civar Tapavwyiain oto O, Téte F/(0) = % i £(0)= %
. fi(x)=f(x)-x xR

v. Avn f eivai ouvexrig kai emmAgov Iox Vel

o —n

p
f(x)dx+ [ £ (x)dx = 4014, Tére umdpxer éva povadin
g

£¢(0,2), véToio Gore: £(€) =1004.
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Aiverar n owdpmon £ mapaywyiaiun o7o(0,00), wef (x) = O via kde x > 0
Karf'(1)=1. Av yiakd@ex > 0, yia v owdpmnon f 1oxGer n oxéon
o (x) = ) ore:
X°F/(x) = £(x) —Inx™, rore:
A) Na anoBeiere oz

i. f(x)>0, yiakd®e x > 0.

Yépxeix,(1,) Téroio wote n epanoévn g ypayikrig mapdoTaong g £

oTo anusio A(x,, f(x, ) va Siépxetar amé o anueio B(~1,0).

nx
i. Agol amodeifete 611 f(x) = e * x> 0, va peAetrioete TV f wg mpog T

HovoTovia kai Ta akpéTara.

Av a> e®, vaamodsigete im(ma)ﬁ > [ln(n+1)]m .

iii. Na amodeigete 671 n egiowon 3* = x* éxer axpipug 8o Abosig aTo R , Tig

X%, BE X, > X, Kai x, €(2,e).
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A. Eomw n owdptnon h(x) = Inx+x, x € (0,400)-

y
Na anodeigere 671 n h avrioTpéperal Kai va UTtoAoYigETE To oAokAipwia L “h(x)dx.

ii. Na amoBsigete 671 n sfiowon Inx + x =0 éxer axpipusg wia Aban, éoTw p € (0, +00).

" ) Lo mx nx
i, Na umohoyiosts Ta épia lim T2 ar fim X
P RG) T R )

3
B. ‘Eorw n owvépnon f(x) = xlnx—x+%, x>0.
i. Na amo3sigere 671 n f mapouaidler eAdxioTo oTo p € (0,+00) Tou (A.ii) spwrriuarog.

ii. Na s§etacete av n spamopévn T veavikrig mapdataang g f oo (1 (1)) sedmrerar kar o ypagikii

s
g g, 6m0u g(x):—%—xz—%.

,
Na urokoyiozre 10 dpio lim+) 6oy p & (0,-+o0) Tou (i) cowrraras.
lim
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Aiverai n owdprnon F(x) =In(1-x)—x, pe x <1.

Na amoBeigere é1i n f civai ywiioia gBivouaa.

Na amo3eifete 671 n euBeia y = x Téuvel TN YpaIKK TapdoTaon Thg ouvdpTnang

h(x) = In(1— ) o¢ povadiké anueio, To O(0,0).

. Acigre 6mi n f avioTpéeetai kai va AvBei n e€iowon (2008 + £7(x)) = 0.

. AV g(x)=1—e", x <R, vappeite m ouvdpmnon mg aivdcang (fog), m cuvdpTnon

g aivBeong (gof ) kai va amoBeigere ém (fog)(x) = e* (gof ) (x).

. Na umoAoyioeTe To eupado Tou Xwpiou Tou TepiKAieTal amo Tn ypagikr mapaaTaon Tng f,

Tov d€ova x”x kai Ty euBeia x =1—e.
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‘Eorw n mapaywyioiun ouvdprnon £:[0,1] >R e 1< f(0) <2, wore va ioxler

(x) = (x) - 4f(x)+5, viakdbe x =[0,1].

Na peAemngei n £ we mpog T wovoTovia Kai Ta akpéTata.
Na Beigere om (1) > 2.

Na 3eifete 671 n ypapikn mapdotaon Tg f éxer akpiPusg éva onpeio Kapmrig.

#(0) i1
Av Bivers 671 e [f(x )dx =B, va umokoyioere To T= | 7-—~dx.

of(x)
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Eorw pia ouvdpTnon f, mapaywyicin oTo R e g 18éTATeg: F(m) =1, f(x) = 0 via kdBe

xR kai 2f(x) = £(x)-nix yia kide x e R.

a. Na Beigere 671 o Tomog e auvdptnon f sivan : f(x) = Kat va BpeBei To alvoho

2
+3
o
B.Av g civar pia Tapaywyian oTo B owvdptnon pe g(x) >0 kar % _f(x) via kdde
xR, vaBeigere bm:
i 0<In[(9?3] ]<p a, yiakdBe ap R pe a<p.

ii. 1<E<2, émou E To eupado Tou Xwpiou Tou MEPIKAEIETAI AT TV YPAPIKA

mapdataon Tng , Toug GEoveg auvTETayMEVWY Kai TV euBsia X = 2.
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Aiverai n owvéptnon f(x) = % ~Inx, x>0.

i. Na e€eraoete av umdpxel onpeio Tng ypagikig mapdotaong g f aTo omoio n
£panTopévn TS YPAYIKAG TTapdoTaong va eivai TapdAAnAn oTov GEova X' x.

ii. Na amogeixei éi: £(x) >0 yia x>1.

. Na amoBeigere 11 &% e > In%.
iv. Na eferdocre av n ypagikei napdotaon g f éxer astymmwTeG.
V. Na ppeSei o rimog g awdptnang F av 1oxber F(x) =—FOF(x), x>1 Kai F(t) =1

émou F(x)=0 ¥ x>1.




