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TPAMNEZA OEMATQN B AYKEIOY
2YNAPTHZEIZ

OEMA 20

10 MapaKkATw oxnua Sivovial ol ypadlkéC MOPAOTACEL TWV CUVOPTACEWV f Kal g, Tou
opilovtal OTOUG MPAYUATIKOUG aplOpols. H ypadikr) mapdotacn tng g MPOKUTITEL OO TN
ypadwn

ToPAoTaon NG f Le oplZovTLa Kal KATaKOpudn LETATOTILON.

5 g

3

-1

ATIO TIG YpOPLKEG TAPAOTACELG Va Bpeite:

a) Ta dtaotrApata povotoviag Tng f, To 160G Tou aKPATATOU TNG f KOl TNV TLUI TOU.

(Movabdecg 15)
B) Av g(x) = |x|,x € R va emA€é§eTe MOLOG ATTO TOUG MAPAKATW E{val 0 TUTIOG TNG CUVAPTNONG
f. Na SikaloAoynoete TNV amavinor oag.

fO=lx+21+1  f@=lx-2-1 f@=|x+2/-1 fG)=|x—2]+1

2710 napakdtw oxfua divetal n ypadikn napdotacn Cr pag cuvaptnong f ue nedio opopol

o R.

a) No tatdéete amd to UkpdTePO P0G To HeYaAUTEPO Toug aptBpoug f(x,), f(xy) kat f(x3).

(Movabdec 10)

B) Elval n ouvaptnon f yvnoiwg povotovn oto R; No atttoAoynoeTe TNV amavtnon oag.
(Movabdecg 10)

y) Napouotldlel n cuvaptnon f HEYLOTO OTO X;; Na QULTLOAOYNOETE TNV AAVTINGCN CAg.

(Movabdec 5)
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2710 napakdtw oxpa divovral oL ypadkeg mapaotdoels Cr kal C; Twv cUVAPTACEWY f KaL g

avtiotolya, pe nedio opopol 1o R. H ypadiki napdotaon tng g MPoKUTTEL Ao Tn ypadLkn

nopactoon tne f Ue opllovTla KoL KAtakopudn LeTatomnion.

Mapotnpwvtag To oxNua:

a) Na Bpeite ta Slaotripata povotoviag, To €i60G Tou akpoTdtou TG f KaBwg KaL TNV TLUH Tou.
(Movadec 10)

B) Na Bpeite peéow mowwv petatonioewv tng Cr pokumteL n Cy.

(Movadecg 15)

Ce

Aivetaln ouvaptnon f(X)=x*—4x+5, xeR.
a) Na 8eifete étun f ypdadetat otn popdr f(x)= (x—2)2 +1.

(Movabdec 10)
B) Na avodEpeTe TIG UETATOTIOELG TNG Y = X° WOTE va PokUPEL N ypadlkr Tapdotacn The

ouvaptnong f, tnv omoia kal va xapdete 0To cUOTNUA CUVTETOYUEVWY TTOU aKOAOU O«€L.



(Movabdecg 15)

OEMA 30
14235 a) Me Baon ta deSopéva Tou mapakdTw oxAUAToC, va Bpeite g e§lowoelg Twv euBewwv (&)

kat (7).
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(Movadec 12)
B) Na Bpeite to onpeio Topng twv euBelwv (&) kat (7).

(Movadeg 13)

OEMA 4°

310 oxfiua Sivovtal ot ypadikég mapactdoelg pag napaBolric f(x) = ax? + fx + ¥ kot Tng
gubeiag g(x) = —x + 2.

o
L)
mn
> A

a) Aedopévou otL n mapaBoAn Siepxetat and ta onpeia 4, B, I, va Bpeite T TipEg Twy a, B, Y.

(Movabdec 8)

B) Av a = %,,8 =0 kot y = =2, va Bpeite aAyeBPLKA TIG CUVTETAYUEVEG TWV KOWVWV ONUELWV
NG euBeiag kal tng mapaBoAng.

(Movadec 8)

v) Av petatomnicoupe tnv mapafoAn katd 4,5 povadeg npog ta navw, va deifete otL n eubeia
kat n tapaBoAn Ba €xouv €va LOVO KOO onuEio.

(Movadec 9)

Aivovtat ot cuvapthoelg @(x) = —x2,x € Rkat f(x) = —x2+2x + 1,x € R.
a) Na amodeifete 6t f(x) = —(x — 1)% + 2 yia k&8s x € R Kkat oTn GUVEXELQ, PE TN BorBeLa
NG ypadlkig mopdotaong tng ouvaptnong ¢, mou ¢aivetal oTo MapakdATw XU, Vo

TopaoTAoeTe ypadikd tn cuvaptnon f.



0

(Movadec 10)

B) Me tn BonBeLa tng ypadikng mapdotacng tng cuvaptnong f va Bpeite:

i. Tadlaothpata ota onoia n cuvaptnon f eivat yvnoiwg povotovn.
(Movadecg 5)

ii.  To oAwo akpotato tng f kabwg kot tn B€on Tou.
(Movadec 5)
iii.  To mAnBog twv pulwv tng e€lowong f(x) = K, k < 2. Na ATLOAOYACETE TNV AMAVTINOH
oag

(Movabdecg 5)

14242 Aivetaiwn ouvaptnon f(X)=ax+ 4, «a,feR.

a) Av n ypadiki mapdotaon tng f Siepxetal and ta onueia A(L 2) kat B(5,8), va beifete otL
3 1

a=— KalL f==.
2 p 2

(Movabdec 8)
B) Av g(x) eivai n ouvaptnon mou MPOKUTTEL AN TN KETATOMLON TNG YpadLKNG Mapdotaong
¢ f opwdvtia katd 1 povada mpog ta aploTepd Kot Katakopuda Katd 3 pHovadeg mpog Ta
KATw, va Bpeite Tov TUMO TNG @ .

(Movadec 9)
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y) Av h(x)=g(x—1) glval n ouvdptnon mou MPOKUTITEL Ao TN UETATOMION TG YPADLKAG

napdaoctaongtng f opiloviia katd x povadeg mpog ta Se€Ld kal Katakopuha KaTA r HOVASEC

Katw, va Bpette to x (x>0).

(Movadec 8)

H meplBarlovtikr opdda evog oxoleiou mapélofe cuppatomieypa prikoug 40m yua va
TepLPPALEL, XPNOLLOTIOLWVTOG OAO TO CUPHATOTMAEYUA, Evav 0pBoywVLo KATIO Yot KAAALEPYELDL
Aaxavikwy. Ot paBbntég tng meptBarlAoviikn ¢ opnadag B€Aouv va emAEEOUV Eva KATIO TTOU VoL EXEL
000 To Suvatov PeyaAlTepo eUPadOV.
a) Na dwoete TI¢ Staotdoelg Tplwv SladopeTikwy opboywviwy KNTwv e repipetpo 40m. Na
€€ETAOETE AV OL TPELG Ao avOKNTIOL £XOUV TO (810 EPPadOV.

(Movadec 7)
B) Av cupBoAicoupe pe X to mMAATOG Kot e E to epPadov evog Aaxavoknmou e TEPLUETPO
40m, va ekppdaoete to E w¢ ouvaptnon tou X.

(Movadec 8)
y) Na deifete ot E(x) = —(X —10)2 +100. Xpnowomowwvtag tn ypadlki mapdotacn tng
ouvdptnong f(X)=—x* va KaTaoKeUAOETE TNV ypadikh mapdotacn tng E(X) . And t ypadikn
napdaotaon tng E(X) va Bpeite tig Staotdoelg tou Aaxavoknmou e To peyaAUtepo epfadov.

(Movadec 10)



