APXH 1HY XYENAIAAX

AIOAYTHPIEEZ EEETAZEIZ T’ TAEHE
ENIAIOY AYKEIOY
NEMITH 30 MAIOY 2002
EEETAZOMENO MAGHMA OETIKHE KAI TEXNOAOTIKHE
KATEYOYNZHZ: MAGHMATIKA
ZYNOAO ZTEAIAQN: TEZSEZEPIZ (4)

®EMA 1lo

A. TEotw f pLa ouvexhc ouvaptnon o £V
dLdoTnNuo [, B . AV G elval bl
noap&yovoca 1tn¢g £ crto [a, PR], T1TdOTe VX

deléete OTL

j:f(t)dt _ G(B)- G(a).

Movadeg 12

B.1.Eoctw n ouvéptnon f(x) = nux. Noa deiete
611 n f elval noapaywoyioiLun oto IR kol
LoxUe L

f (x) = ouvx
Movadeg 8
B.2.No XapaKTnplioerte TLCQ ITPOTACE L C mou

akoAouBoUv, ypaApovIag OTO0 TETPXOLO OOC

Tnv  €évde1én Zwotd 15 AaPo¢ OSlimAa oOTO

YOoAUUQ ITOU aVTILOTOLXEL o KaBe mpotaon.

a. Av n ouvéptnon £ eilvalL opLopévn OTO
[a, 3] xaL ouvexnc oto (o,Pl, 1Td6te n f
noatpvelt na&vitote oto [o,B] pla péyLotn
TLun.

Movada 1
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APXH 2HY YENIAAX

|T” TAEH |
B. K&be ocuvapinon, nou elval 1-1 ot1o0
nedio opLOuOU NG, elval vyvnolwc

povotovrn.
Movada 1

Y. Av undpxet 10 OpLO 1TncCc ouvaptnonc £

OTO Xp KOl Hﬁl‘ﬂxﬂ=0, 16TE€
X—> X
0
lim f(x) =0.
X—-)X0

Movada 1

8. Av 1n ouvéptnon f eival noapaywyloLiun
oto IR, tb61¢

jf(x)dx = xf(x) - jxf'(x)dx :

Movada 1

€. Av lim f(x)>0, t6t¢ f(x) > 0

X—-)XO

KOVTIX OTO X0

Movada 1

®EMA 20
EoTw Z EVOC pLyadLkog aplLBudc KO L f(v) =
i’ z, v € IN*.
a. Na deléete 611 £(3) + £(8) + £(13) + £(18)
= 0
Movadeg 7
B. Av |z|= 0o KoL Arg(z) = 6, va Odeglitete OT1

L L
£f(13) = —+0|+inu +6 ] .
199 = o [ouf Z+oinfe0]
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APXH 3HY YEANIAAN

|T” TAEH |
Movadeg 8
1|
Y. AV |ZL: 2 kol Arg(z) = 5, va Ppebel 1O

euRpaddv TOU TIPLYOVOU HPE KOPUEPEC TA onuela

TOU JLyadLlkoU emlmédou Tou e€lval egL1rdOveQ

TOV pLyadlkov apLtbuov 0, z xat f£(13).
Movadeg 10

®EMA 3o

FEoTw ol ouvapthoelLc f, g pe medio opLoupoU TO
IR

Afvetatr otL 1 ouv&pinon 1ITng ouvbBeonce fog
elvar 1-1.

a. Na deilfete 61l n g eivar 1-1.
Movadeg 7
B. N deiléete OtL n e&lowon:
g(f(x) + x° - x) = g(f(x) + 2x -1) éxel
AQKPpLPBOC OU0 BeTLlKEC Kol pla apvnilxkh plla.
Movadeg 18

®EMA 4o
a. BEotw OUo ouvaptnoeiLc h, g ouvexelgc oto [a,
BI.

No omodeiéete O6TL ov h(x) > g(x) via x&be

X S [, B1, t61T¢€ KO L

j:h(x)dx > jfg(x)dx

Movadeg 2
B. AlvetatL 1n napayoytoipn oto IR ocuvé&pinon £,
IIOU LKovomoLel TLQ OXE€oe€LCQ:

f(x)—e "™=x-1, x e IR kot  £(0) = 0

L) Noa exoppoaoctel n £f° wg ouvdpinon tnc f.
Movadeg 5
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APXH 4HY YENIAAN

|T” TAEH |

LtLt) No deilfete OT1L < f(x) < xf'(x), via

N | X

k&Be x > 0.
Movadeg 12

LLL)AV E egilval 10 €uPaddv tou Xwplou Q mnou
oplletal amd TIn VYVPUQLKN nopdotaocn TInNg
f, TLc eubelegc x = 0, x = 1 KoL TOV
déova x'x, va delfete OTL

1 1
- < E < =1(1
4 2 M

Movadeg 6

OAHTIEEX (yiLa toug efetaldpevouqg)

Y10 TeTp&dLO e vpaleTe uévo T
ITPOKATOUOPKT LKA (nuepounvia, kateUbuvon,
efetaldbuevo up&bnua) . Ta OBEuaTa VA Pnv 1A

avilLypbdlerte o100 TeTEP&dLO. Ta OXHUATO TIOU
Ba xpnoiLpomnotLhocerte OTO0 Te€TP&dLoO, pnopouUV
voa yilvouv kol pe uoAUR L.

. Na yp&l¥ete 10 ovouatTend®vuud ocoC¢ OT1T0 NAVW

népocg TOV PWTOAVT LYPAPWV npoALC oog
noapadoboUv. Kou L & GAAD onuelwon dev
EMLTPETMETAL VO ypdeTte.

Kat& 1tnv amoxwpnon ooacg¢ voa noapaddoete poall
pe TO TETPA&OLO KOL IO QIOAVTILypoapa, TO
onnola Kol HBa kKatoaoTpoa@eoUV petd& TO TEPAC
Ing €fé€1taong.

. Na anoavinoete oto tet1pddLd ocag o OAd TO
Béunata.

. K&Be AUOnN e€miloTNUOV LKA TEXKUNPLOUEVN €lval

AIOdEKTY.

. Al&prela g&e1Taong: Tpeilc (3) wpeg perd 11

OLAVOUN TWV QRWIOAVILYPAQP®V .

. Xpdbvoc dUVATNC anmox®enong: MiL&uLon (1

1/2) Dpo netd N dlLavoun TV
PWITOAVT LYPAPWV .
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APXH 5HY YENAIAAN

KANAH EINITYXIA
TEAOX MHNYMATOZ

TENOY S5HY TEAIAAY

TA
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	Έστω οι συναρτήσεις f, g με πεδίο ορισμού το ΙR .
	Δίνεται ότι η συνάρτηση της σύνθεσης fog είναι 1-1.







